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Abstract. The sea-ice modelling community progresses towards Pan-Arctic simulations that explicitly resolve leads in the sim-
ulated sea-ice cover. Evaluating these simulations against observations poses new challenges. A new feature-based evaluation
of simulated deformation fields is introduced and the results are compared to a scaling analysis of sea ice deformation. Leads
and pressure ridges — here combined into Linear Kinematic Features (LKF) — are detected and tracked automatically from
deformation and drift data. LKFs in two Pan-Arctic sea-ice simulations with a horizontal grid spacing of 2km are compared
with an LKF data-set derived from the RADARSAT Geophysical Processor System (RGPS). One simulation uses a 5-class
Ice Thickness Distribution (ITD). The simulated sea-ice deformation follows a multi-fractal spatial and temporal scaling as
observed from RGPS. The heavy-tailed distribution of LKF lengths and the scale invariance of LKF curvature, which points
to the self-similar nature of sea-ice deformation fields, is reproduced by the model. Interannual and seasonal variations of the
number of LKFs, LKF densities, and LKF orientations in the ITD simulation are found to be consistent with RGPS observa-
tions. The lifetimes and growth rates follow a distribution with an exponential tail. The model overestimates the intersection
angle of LKFs, which is attributed to the model’s viscous-plastic rheology with an elliptical yield curve. In conclusion, the
new feature-based analysis of LKF statistics is found to be useful for a comprehensive evaluation of simulated deformation
features, which is required before the simulated features can be used with confidence in the context of climate studies. As such
it complements the commonly used scaling analysis and provides new useful information for comparing deformation statistics.
The ITD simulation is shown to reproduce LKFs sufficiently well to be used for studying the effect of directly resolved leads
in climate simulations. The feature-based analysis of LKFs also identifies specific model deficits that may be addressed by

specific parameterizations, for example, a damage parameter, a grounding scheme, and a Mohr-Coulombic yield curve.

1 Introduction

Current efforts in the sea-ice modeling community push sea-ice models to Pan-Arctic lead-permitting sea-ice simulations. In
these simulations, the Arctic ice cover consists of individual “floes” that are formed by strongly localized deformation along
the emerging floe boundaries. There are two approaches to obtain such a behaviour: (1) a very fine grid-spacing (< 5km) and
the classic viscous-plastic (VP) rheology (Hutter et al., 2018; Wang et al., 2016; Spreen et al., 2016) or (2) new rheological
frameworks (e.g. Maxwell elasto-brittle (MEB), Dansereau et al., 2016). The emergence of deformation features, which can

be identified as leads and pressure ridges, calls for a proper evaluation of model simulations against observations. This is
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challenging because ice mechanics are non-linear and chaotic. A direct comparison of deformation fields bears similar issues
as comparing eddy resolving ocean model simulations to high-resolution satellite observations (Mourre et al., 2018). Therefore,
it should not be attempted if accurate initial conditions (e.g. obtained by data assimilation) are not available.

Resolving leads in sea-ice simulations opens up new possibilities in Arctic climate research and sea-ice forecasting. Leads
are openings in the sea-ice cover where direct atmosphere-ocean processes are strong. A sea-ice component including leads
allows for the direct simulation of these interactions in regional or global climate models. The distribution of leads also has a
strong impact on the local drift field. Reliable short-term sea-ice drift forecasts will therefore depend on the model’s capacity to
simulate and initialize fields with localized deformation. The increasing economic interest in the Arctic (e.g. shipping, Eguiluz
et al., 2016) requires skillful predictions in these remote regions (Jung et al., 2016) to prevent environmental catastrophes and
to organize search and rescue operations. A realistic representation of deformation features in sea-ice models is the prerequisite
of both applications.

In the past, high-resolution sea-ice simulation were mostly evaluated with respect to their simulated deformation fields. Here,
calculating scaling characteristics of sea-ice deformation was the most common method (Girard et al., 2009; Rampal et al.,
2016; Spreen et al., 2016; Bouchat and Tremblay, 2017; Hutter et al., 2018). The scaling statistics make use of the observed
power-law scaling of sea-ice deformation (Marsan et al., 2004) and determine the degree of heterogeneity and intermittency of
sea-ice deformation for satellite observations and model simulations (Rampal et al., 2016; Hutter et al., 2018). The underlying
idea of these metrics is that the presence of extreme values and strong localization in sea-ice deformation indicates a realistic
representation of deformation features.

While scaling characteristics give some insight into the underlying material properties of sea ice, their interpretation with
respect to individual deformation features is not straightforward (Bouchat and Tremblay, 2017; Hutter et al., 2018). Various
metrics for evaluating LKFs as discontinuities in the deformation fields have been suggested, but they all provide only a
summary of agreement with a reference in a single score for the entire LKF field (Coon et al., 2007; Levy et al., 2008;
Mohammadi-Aragh et al., 2018). A comprehensive description of individual deformation features requires their detection to
extract statistics such as density, orientation, intersection angle, and persistence. A new LKF detection and tracking algorithm
(Hutter et al., 2019) identifies single LKFs in deformation data both derived from satellite observations and simulated by
sea-ice models. The resulting data set provides ample opportunity to compare various spatial characteristics and the temporal
evolution of LKFs.

The objective of this paper is to establish a feature-based evaluation of sea-ice deformation in lead-permitting sea ice sim-
ulations. We apply the LKF detection and tracking algorithm of Hutter et al. (2019) to two different sea-ice simulations with
a horizontal grid-spacing of 2 km, one of which uses an Ice Thickness Distribution (ITD). We compare the extracted LKFs
to an LKF data-set derived from RADARSAT Geophysical Processor System (RGPS) deformation data (Hutter et al., 2019)
with respect to their Pan-Arctic distribution (density and orientation), their spatial properties (length, curvature, and intersec-
tion angle), and their temporal characteristics (persistence and growth rates). In addition, we test which conclusions about the
properties of LKFs can be drawn from a spatio-temporal scaling analysis of sea ice deformation (following, e.g. Rampal et al.,

2016; Hutter et al., 2018). By analyzing two different model simulations, we study how changes to the model physics, in our
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case the explicit ridging processes in an ITD model, affect the simulated LKFs, and how the different analysis methods outline
that difference. With our analysis we test whether the ice strength parameterization of the ITD model, which mainly depends
on the thinner ice classes, accelerates lead formation by a faster feedback between deformation, ice thickness, and ice strength

as suggested in (Hutter et al., 2018).

2 Methods
2.1 LKEF detection and tracking algorithms

Our LKF detection and tracking algorithms (Hutter et al., 2019) splits the detection of LKFs in sea-ice deformation fields into
three steps: (i) the algorithm classifies pixels with locally higher deformation rates as LKF pixels, (ii) it separates the LKFs in a
global binary map into minimal LKF-segments, and (iii) it re-connects multiple minimal segments into individual LKFs based
on a probability that is determined by their distance, their orientation relative to each other, and their difference in deformation
rates.

The tracking algorithm combines the detected LKFs of two subsequent time records with the drift information between the
two records to track individual LKFs over time. First, the algorithm advects the LKFs from the first time record according to
the drift information to obtain a first-guess positions for the LKFs. Then, tracked LKFs in the second record are identified by

the degree of overlap between the advected LKFs and the detected LKFs of the second time record.
2.2 RGPS LKF-dataset

The deformation data of the RADARSAT Geophysical Processor System (RGPS, Kwok, 1998) was processed by the LKF de-
tection and tracking algorithms (Hutter et al., 2019) to produce a comprehensive data set (https://doi.org/10.1594/PANGAEA.
898114, Hutter et al., 2019). The data set contains LKFs in the winter months (November to May) from 1996 to 2008 and
covers large parts of the Amerasian Basin in the Arctic Ocean. In total the data set contains 165 000 detected LKFs and 36 000
tracked LKFs.

2.3 Model simulations
2.3.1 Model configurations

Both simulations in this paper are based on a regional Arctic configuration (Nguyen et al., 2012) of the Massachusetts Institute
of Technology general circulation model (MITgem, Marshall et al., 1997; MITgem Group, 2017), but with a refined horizontal
grid spacing of 2 km. The number of vertical layers is reduced to 16 with the first five layers covering the uppermost 120 m to
decrease computational cost associated with the ocean model component as we are only interested in sea-ice processes. The
Refined Topography data set 2 (RTopo-2) (Schaffer and Timmermann, 2016) is used as bathymetry for the entire model domain.
The lateral boundary conditions are taken from the globally optimized ECCO-2 simulations (Menemenlis et al., 2008). We use
the 3-hourly Japanese 55-year Reanalysis (JRA-55, Kobayashi et al., 2015) with a spatial resolution of 0.5625° for surface
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boundary conditions. In the baseline simulation, the ocean temperature and salinity are initialized on January 1st, 1992 from
the World Ocean Atlas 2005 (Locarnini et al., 2006; Antonov et al., 2006). The initial conditions for sea-ice are taken from the
Polar Science Center (Zhang et al., 2003). Ocean and sea ice parameterizations and parameters are directly taken from Nguyen
et al. (2011) with the ice strength P* = 2.264 - 10* Nm~2. The baseline simulation uses the classical discrimination of two ice
classes: thin and thick ice (Hibler, 1979). The momentum equations are solved by an iterative method and Line Successive
Relaxation (LSR) of the linearized equations following Zhang and Hibler (1997). In each time step (At = 120s), 10 non-linear
steps are made and the linear problem is iterated until an accuracy of 10~° is reached, or 500 iterations are performed. The
baseline simulation is run from January 1st, 1992 to December 31st, 2012. The analysis is based on daily averages of sea ice
drift, ice thickness and concentration.

On October 17th, 1995 the simulation with an ice thickness distribution (Thorndike et al., 1975) with 5 thickness categories
separated by boundaries at 0.0m, 0.64m, 1.39m, 2.47m, and 4.57 m is started. In doing so, the initial sea-ice thickness
and concentration of all thickness categories need to be determined from the 2-category simulation for each grid-cell. Most
commonly this conversion is done by assigning all ice in one grid cell to the category with the same ice thickness. Then,
some years of spin-up time are used to redistribute the ice into different categories (Ungermann and Losch, 2018). Due to the
high-resolution in our simulation a multiyear spin-up is not affordable. Therefore, we use the fact that observed ITDs follow
log-normal functions (Wadhams, 1992; Haas, 2010) and describe the ITD of each grid-cell by a log-normal distribution with
a mode of 2/3 of the mean thickness. The mean thickness and concentration over all categories remain unchanged. With this
initialization of the ITD-simulations, the spin-up of the ice thickness distribution is reduced to one year. We use the ice strength
formulation of Rothrock (1975) and the smooth partition and redistribution functions of Lipscomb et al. (2007). The simulation
with ITD is integrated from October 17th, 1995 to December 31st, 2012. In the following we refer to this simulation as “ITD”
and to the baseline simulation as “nolTD”. Both models provide data in the RGPS period of 1996 to 2008.

Both model configurations are not tuned to reproduce the observed ice distributions due to limited computational resources.
Instead, we carry over ocean and sea ice parameters from optimized coarse resolution configurations (Nguyen et al., 2011;
Ungermann and Losch, 2018, for ITD specific parameters). The resulting simulations overestimate the seasonal amplitude of
sea ice volume and extent, but their trends are reasonable (not shown). The resulting ocean circulation has not been evaluated
in detail, but the wind-driven surface circulation is plausible with strong mesoscale activity, the surface temperature and large
scale sea ice distribution follow the prescribed surface forcing as expected. The main role of the ocean model is to provide

dynamic bottom boundary conditions to the sea ice model.
2.3.2 Sampling and LKF extraction

The RGPS data set is originally provided as a Lagrangian data set that consists of trajectories of points that were followed
throughout a winter season in consecutive SAR imagery. For each time record in this data set, vertices are constructed for four
neighboring trajectories to approximate the deformation rates from the drift of a vertex by using line integrals. This results in
Lagrangian deformation rates. Then, the Lagrangian data are interpolated onto a regular Eulerian grid that is the basis of the
RGPS LKF data set.
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This Lagrangian nature of the RGPS data set confounds the comparison to Eulerian model output. Different approaches
have been used to overcome this issue: (1) generate Lagrangian trajectories by on- or offline advection of artificial buoys in
the model simulation that are initialized at the initial position of RGPS trajectories (Rampal et al., 2016; Hutter et al., 2018),
(2) interpolate simulated drift speeds to the position of the RGPS vertices (Spreen et al., 2016), or (3) just compare directly
Eulerian gridded deformation rates with RGPS (Wang et al., 2016; Bouchat and Tremblay, 2017). For an accurate magnitude
of the deformation rates and in particular the temporal scaling, only the most sophisticated option (1) can be used as it takes
the advection of ice into account and addresses the effect of distorted vertices on the computation of the deformation rates
(Lindsay and Stern, 2003) consistently for model and RGPS.

The LKF detection algorithm used here does not depend directly on the magnitude of deformation rate itself but on the
local variations of the deformation rates (Hutter et al., 2019). Therefore, the detection algorithm can be applied directly to the
deformation rates on the output grid assuming it is a regular grid. Thus we avoid complicated sampling strategies that involve
expensive post-processing of model output. The advection of ice is taken into account by the tracking algorithm.

Deformation rates are computed from daily mean velocity output following the spatial discretization of strain-rates as for-
mulated in the model code (Losch et al., 2010). We reduce the spatial resolution of the input fields of the detection algorithm by
a factor of 3 to 6.75 km by taking only every third pixel into account to reduce computational costs. As deformation features in
the simulations show a width of ~ 5 pixels this can be done without missing features in the detection. We detect features every
three days to agree with the temporal resolution of RGPS. The parameters used in the detection algorithm are the same as in
Hutter et al. (2019, their Tab. 1), where all parameters marked with P are scaled to the reduced model resolution by multiplying
with a factor of 12.5km/6.75 km = 1.85 to account for the resolution difference between the simulations and the RGPS data
set. The detected features are tracked with the tracking algorithm using the parameters of Hutter et al. (2019, their Tab. 2). The
drift required for the tracking of LKFs is obtained by the integration of the mean daily velocities over a three day period. The

LKF data-sets of both simulations can be found in Hutter (2019b, c).
2.4 Spatio-temporal scaling analysis

Sea-ice deformation is known to depend on spatial and temporal scales following a power-law (Weiss, 2013; Weiss and

Dansereau, 2017, for spaced-time coupled form),

€ (T, L) ~ LT, (D
€ (T, L) ~ T, 0)
where |é (T, L)| is the mean deformation rate for the temporal scale 7" and the spatial scale L. These scaling properties have

been used to compare the self-similarity of sea-ice deformation in satellite observations and various model simulations (Rampal

et al., 2016; Spreen et al., 2016; Hutter et al., 2018; Bouchat and Tremblay, 2017). Higher moments of the deformation rate
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also follow a power-law scaling (Marsan et al., 2004; Weiss and Dansereau, 2017),

(T, L)| ~ LPD, (3)
(T, L)Y ~ T, 4)

with ¢ being the order of the moment. Here, the scaling exponents vary with the moment order and follow quadratic struc-
ture functions 3 (q) = aq?® + bq and a(q) = cq? + dq to show the multi-fractal intermittency and localization, that is, larger
deformation events are more localized and intermittent that low deformation rates (Rampal et al., 2019).

The spatio-temporal scaling analysis performed in this paper is based on Lagrangian drift data as suggested in Section 2.3.2.
To transfer the RGPS sampling to the model output, we convert the regular gridded velocity output of the model to Lagrangian
drift data by integrating trajectories from daily averaged velocity output of the model. Virtual buoys are initialized on the RGPS
grid on November 1st of each year (1996-2007). The virtual buoys are advected with the modeled ice drift until mid-May of
the following year and their positions are recorded every day. Note that the integrated trajectories agree with RGPS drift data in
their initial position but not in their entire path. We use the initial position of the trajectories on the regular RGPS grid to define
rectangular cells of 4 buoys to compute deformation rates. These cells are followed over the entire winter. The deformation
rates at the finest (initial) scales of Ly = 10 km and Tj, = 3 days are determined from the drift of the vertices using line integrals
(Lindsay and Stern, 2003). In this computation, cells are removed that change their size by a factor of two or more.

The deformation rates for larger spatial and temporal scales are obtained by averaging the original deformation rates — a
method referred to as coarse-graining (Marsan et al., 2004). First, we average n* deformation rates in the temporal domain
to obtain the deformation rates for € (7', Ly). The actual temporal scale of this average is determined by the number of valid
deformation rates at initial scale n <n* with T' = nTy < n*Tj. Averages for which n < n*/2, that is, less than half of the
deformation rates in the interval, are available, are removed. Next, the deformation rates are averaged in space. In doing so,
we average m* X m* temporal averages of deformation rates to é (7', L). The spatial scale L of the average is determined by
the square-root of the area that is covered by valid deformation rates where L < m™* L. All cells that are less than half filled

(L < Lo/2) are removed.
2.5 Irregular temporal sampling of RGPS

The RGPS drift data sets consists of a set of points that are followed in time in consecutive images of RADARSAT. Therefore,
the temporal sampling of position updates depends on when the satellite passes over a particular area. The RADARSAT repeat
cycle is 3 days during which it covers the Arctic Ocean. The repeat cycle is also the general temporal resolution of RGPS.
Each time an image is available in a region (smaller than the entire Arctic) with RGPS drifters, the drifter positions are
updated. The time stamp of the record of all RGPS drifters within one image is the same, but the time stamp of the next
(subsequent) image is slightly delayed by the time it takes the satellite to fly to this neighboring region. Note that in this way
the positions of drifters that are on both images are updated twice within a time period much shorter than 3 days. The time
difference within one overfly (order of minutes) is small compared to the time difference between two different overflies that

cover the same region (order of 3 days). This irregular time sampling complicates the computation of deformation rates using
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line integral approximations on polygons constructed of RGPS drifters, because all vertices (RGPS drifters) contained in the
polygon need to have position records at the same time.

Comparing the deformation rates of RGPS data to model output leads to a second problem: we use trajectories initialized
at RGPS positions and advected with daily mean model velocities as described in Sec. 2.4. The positions of these trajectories
are saved in 3-day intervals, so that all deformation rates computed from model data cover a 3-day period and start and end at
the same time. The deformation rates computed from RGPS data, however, have varying start and beginning time and varying
time intervals.

Hence, the RGPS deformation rates need to be converted to regular 3-day intervals to set-up a common framework for a
comparison. Rampal et al. (2019) used simple nearest neighbor interpolation to do so and glosses over temporal details. For
a more accurate conversion, we take the following processing steps for each RGPS stream (all points that are covered by two
consecutive overflies of the satellite, for details see Kwok and Cunningham, 2014): (1) we form rectangles from all RGPS
drifters using their initial position. (2) For each rectangle, we check the time records of all vertices for time records that are
shared by all four vertices with a tolerance of +3h. (3) From these common time records we compute velocity gradients if
the time between two common records is larger than 1.75 days and smaller than 7 days. (4) The computed velocity gradients
are then averaged in the fixed 3-day intervals weighted by the time they overlap with the fixed 3-day interval. The set of 3-day
grided deformation rates for each stream is merged into a composite for the Arctic. In a region where two streams overlap, we

choose the data of the stream that has a larger temporal coverage and remove the data of the other stream.

3 Scaling in sea-ice deformation

The mean deformation rates in the RGPS data set and both simulations decrease with the increasing spatial scale (Fig. 1a).
These decreases follows a power-law (Eq. 3) showing that the deformation is strongly localized. The ITD simulation shows
higher deformation rates than the RGPS data across all spatial scales, whereas the noITD simulation underestimates deforma-
tion rates. The spatial scaling exponents of the ITD simulation agree very well with RGPS observations. The nolTD simulation
shows a slightly weaker localization of deformation rates than the RGPS data. The scaling exponent increases with the moment
order following a quadratic structure function for all three data-sets (Fig 1b). This shows that strong deformation events are
more strongly localized than weak deformation events, which indicates multi-fractal spatial scaling of deformation rates. The
structure functions have curvatures of ¢ = 0.14 (RGPS) and ¢ = 0.15 (both model simulations) consistent with previously pub-
lished results (¢ = 0.13 — 0.14; Marsan et al., 2004; Rampal et al., 2016). The remarkable agreement of the curvature in RGPS
data and model simulations implies that not only do the model simulations reproduce the spatial heterogeneity of deformation
rates, but also the stronger localization of extreme deformation events.

The temporal scaling analysis (Fig. 2) shows that the sea-ice deformation is governed by the multi-fractal temporal scaling:
(1) the moments of sea-ice deformation decrease with increasing temporal scale following the power-law of Eq. (4). (2) The
temporal scaling exponents vary quadratically with the order of the moments. Again, the structure functions of the model

simulations resemble the structure function found for RGPS data and the obtained curvatures ¢ = 0.13 (ITD) and ¢=0.11
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(RGPS, nolTD) agree with previous studies (¢ = 0.12, Weiss and Dansereau, 2017). Again, a positive curvature of the structure

function implies that the high deformation events are more strongly localized in time than small deformation events.
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Figure 3. Spatio-temporal coupling of multi-fractal scaling: (a) The curvature of the structure function of the spatial scaling exponent as a
function of temporal scale for RGPS data and both model simulations. (b) The curvature of the structure function of the temporal scaling

exponent as a function of spatial scale. The dashed lines provide power-law fits to the decay of the curvature.

The multi-fractal scaling properties of sea-ice deformation imply a space-time coupling for both the RGPS data and model
simulations, that is, the degree of localization changes with temporal scale and the degree of intermittency changes with
spatial scale (Fig. 3). We find that for model simulations the curvature of the structure function of the spatial scaling exponent
decreases with increasing temporal scale at a rate similar to the RGPS data (Fig. 3a). The curvature of the structure function of
the temporal scaling exponent also decreases with increasing spatial scale (Fig. 3b). The curvature of the structure function of
the temporal and spatial scaling exponent follows a power-law (Fig. 3a and b) as suggested by Rampal et al. (2019).

Comparing the spatio-temporal scaling of both model simulations, we find that deformation rates as well as spatial and
temporal scaling exponents for the first moment of scaling deformation are higher in the ITD simulation compared to the noITD
simulation. This supports the hypothesis of Hutter et al. (2018) that the ice strength formulation in the ITD run intensifies the
feedback cycle of ice strength and deformation. This intensification in the ITD simulation is caused by the ice strength being
more dependent on the concentration of the thinnest ice class. In the case of divergence, newly formed ice in open water fills
this thinnest class and reduces the ice strength. Due to the reduced ice strength, deformation increases yielding to a stronger
localization of deformation in space and time and thereby higher scaling exponents.

In summary, the spatio-temporal scaling analysis shows that both model simulations reproduce the observed multi-fractal
heterogeneity and intermittency of sea-ice deformation (Marsan et al., 2004; Rampal et al., 2008; Weiss and Dansereau, 2017,

Oikkonen et al., 2017) equally well as more sophisticated models that were specifically designed with these characteristics in
mind (Girard et al., 2011).
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4 LKEF statistics

We split the analysis of the detected and tracked LKFs into three different parts: (1) the Pan-Arctic distribution of LKFs that
describes the overall number of LKFs, the density and orientation of LKFs, (2) spatial properties of LKFs, that is, the length
and curvature of LKFs as well as the angle at which they intersect, and (3) the temporal evolution of LKFs as described by their
persistence and their growth rates. Each metric is presented and discussed in a separate subsection for RGPS data and both
model simulations. The overall quality of LKFs in the simulations and the link between LKF statistics and scaling analysis is
discussed in the separate Section 5.

This comparison includes some metrics that are sensitive to the coverage of the LKF data set. While the coverage of the
model is Pan-Arctic and constant in time, the coverage of the RGPS data varies with time. We mask the LKFs of the model
simulations with the RGPS coverage of the corresponding record. As some LKFs are removed in part or entirely, this filtering
affects also the tracking of the features. The tracking algorithm is, therefore, run once again on the filtered features. We label

the masked version of model LKFs in the legend of the corresponding plots.
4.1 Pan-Arctic distribution of LKFs

In the following section we test whether the model simulations reproduce (1) the number of features for different years and

seasons, (2) the regional distribution of deformation features, and (3) the mean orientation compared to the RGPS LKF data-set.
4.1.1 Number of LKFs

The first and most obvious metric for testing whether a model simulates LKFs in agreement with observations is the number
of features detected in model simulations and observations. This metric was used for the optimization of solver parameters
(Koldunov et al., 2019) and provides some valuable first insights. The number of detected features in RGPS data and both
model simulations are given in Fig. 4. We, here, use the version of the LKF data set for both model simulations that has been
filtered by the RGPS coverage and normalize the number of LKFs by the number of RGPS observations to account for the
varying RGPS coverage.

The RGPS LKF data-set shows little variation in the number of deformation features in the entire observing period with no
clear trend (from 0.015 to 0.0125 LKFs per RGPS observation). There is no significant seasonal variability in feature numbers
for the RGPS data (Fig. 4b). The cumulative length of all LKFs, defined as the sum of all LKF lengths in one record, shows
seasonal variations (Fig. 4d). The cumulative length decreases as the ice advances and reaches a minimum in mid March
implying that in this season the area is smaller where atmosphere-ice-ocean interaction processes take place. This difference in
the seasonal cycle shows that in the freezing season (November to January) LKFs tend to be larger than in the remaining part
of the year.

The number of detected LKFs in the ITD simulation agrees on average very well with RGPS except for the last two winters
(Fig. 4a). The interanual variability in LKF numbers, however, is larger by a factor of 2 compared to the RGPS data (shaded

standard deviation in Fig. 4b). The number of features is higher than for the RGPS data in the early freezing period in November
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Figure 4. (a) The number of LKFs detected for entire observing period (1996 to 2008). The lines are running means with a window size of
17 days of the individual daily numbers represented by the light-colored dots. (b) Seasonality of the number of LKFs. The lines are running
means with a window size of 5 days. The shaded areas show the standard deviation of the individual years. (¢) Same as (a) but showing the
cumulative length of the system of all LKFs, defined as the sum of all LKF lengths in one record. (d) The seasonal cycle of the cumulative

length of the LKF system. For the analysis presented in this Figure the LKF data sets of both simulations are filtered for RGPS coverage.

and after mid April. Starting in late spring, the ice cover seems to be too weak in the simulation so that there are more LKFs
and a generally too large LKF network.

In the nolTD-simulation, there are ~ 30% fewer detected features than for the RGPS data set and the cumulative LKF
length is shorter by ~ 20 %. This simulation reproduces the weak seasonal cycle of the numbers of LKFs in the RGPS data, but
numbers are generally too low and then they slightly increase in April (Fig. 4b and d). For the cumulative LKF length, however,

the magnitude of seasonal cycle is twice as strong for the model than for the RGPS data (Fig. 4c), which shows that the average
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LKF length in the simulation is more variable. The noITD simulations shows a higher average LKF length compared to RGPS

data before March and a lower average LKF length afterwards.
4.1.2 LKF density

The number of LKFs only provides insight about the temporal development of LKFs, but the LKF densities (i.e. their relative
frequency of occurrence) show how the simulated LKFs vary in space compared to the RGPS data. In the RGPS data (see also
Hutter et al., 2019), we find the highest densities along the shorelines of islands such as the New Siberian Islands and Wrangel
Island (Fig. 5a; for geographical reference see Fig. 5b). The highest densities within the ice pack are found in the Beaufort Sea.
Low densities stand out in the fast-ice region in the East Siberian Sea with a sharp fast-ice edge. Similar distributions were
found for lead densities derived from MODIS thermal-infrared imagery (Willmes and Heinemann, 2016) and CryoSat-2 data
(Wernecke and Kaleschke, 2015).

In both simulations, the regions of high LKF densities are similar, but the ITD simulations has generally higher densi-
ties. Here, LKFs concentrate along small islands and coastlines as in the RGPS data. Besides Wrangel Island and the New
Siberian Islands, Severmaya Zemlya and Franz Josef Land are preferred starting points of LKFs. The highest densities along
the coastlines are found at Barrow (Alaska) and at North-Eastern tip of Greenland, consistent with remote sensing data es-
timates (Willmes and Heinemann, 2016). These high densities along the coast of Alaska are not resolved in the RGPS data
set, because the detection algorithm cannot identify LKFs that are located at the edge of the RGPS coverage. The general
overestimation of coastal deformation in the model simulations combined with an underestimation in the pack-ice compared
to RGPS data suggests stress propagation to the coast in the model due to a lack of inhomogeneities in the pack-ice that serve
as seeding points for failure.

In both simulation we observe distinct fast-ice regions with low LKF densities only in the Eastern Laptev Sea, but not in
the East-Siberian Sea. Further, the simulated LKFs do not accumulate at the Hanna Shoal as the RGPS LKF densities. In this
shallow region, keels of pressure ridge frequently ground which initiates the formation of leads (Mahoney et al., 2012). Both
the missing landfast ice in the East-Siberian Sea and the missing effect of grounded ice may be improved by implementing a
grounding scheme (Lemieux et al., 2015).

For the RGPS data, a band of enhanced LKF activity connecting Hanna Shoal and Wrangel Island (Fig. 5) is consistent
with results based on Advanced Very High Resolution Radiometer (AVHRR) (Mahoney et al., 2012). In the RGPS data, we
observe lower LKF densities north of this band. Neither the band nor the region of low LKF densities can be found in either
simulations. We speculate that in the model there are no stress locators in the form of grounded ice, which leads to a spatially
broader distribution of failure and LKFs.

The elevated LKF densities in the Beaufort Sea in the RGPS data are another prominent feature within the pack ice. These
have been attributed to the shear induced by the Beaufort Gyre circulation (Willmes and Heinemann, 2016). We do not observe
the increased probability in LKF formation in either simulations, which may suggest that the Beaufort Gyre circulation is too
weak, there are too few mesoscale eddies (Zhao et al., 2014), or that the ice-ocean drag parameterization that does not take into

account keels and sails in deformed multi-year ice is too simple (Tsamados et al., 2014; Castellani et al., 2018).
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Figure 5. (a,c,e) The density of LKFs in the RGPS data set and the two model simulations for the winters between 1996 and 2008 computed
in 50 x 50km boxes over the Arctic Ocean. The absolute frequency of LKF pixels in a box is normalized by the total number of pixels with
deformation in the data set. Only boxes with more than 500 deformation pixels in space and time are shown. (d,f) The difference in density

between both model simulations and RGPS. (b) The geographical locations that are referenced in the text.
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4.1.3 LKF orientation

A preferred LKF orientation indicates frequently occurring forcing conditions. We compute the orientation of LKFs clustered
in 200 km x 200 km boxes in the Arctic. Within each box, the orientation of the part of each LKF that overlaps with the box
is determined. From these orientations we compute the mean orientation (Fig. 6a-c) following Brohan and Kaleschke (2014).
In addition, we determine the modes of the orientation distribution within each box (Fig. 6d-f), as the mean orientation is
misleading for multi-modal distributions. We find the modes of multi-modal distributions of LKF orientations by determining
local maxima in the Probablitiy Density Function (PDF). First, we estimate the PDF of the distribution using a Kernel Density
Estimation (KDE) with von-Mises kernels that can be seen as the analogue of the Gaussian distribution on a circular domain
(Borradaile, 2003). The modes of the distribution are given by the local maxima of the PDF estimated by the KDE. To test
whether the obtained orientation distributions are significantly different from a random distribution, we draw 10,000 random
orientation samples of the same size and perform a x2-test (Brohan and Kaleschke, 2014). We mark points where the mean
probability of the y2-tests is less than 1% as statistically significant. We take into account only LKFs with an average total
deformation rate of 0.5 day ! to agree with visually identified LKFs (Kwok, 2001).

Both the mean orientation and the first mode of orientation are generally parallel to the coastline (Fig. 6a and d). The
LKFs orientated in this direction are most likely flaw leads between the fast ice along the coast and the mobile pack ice. The
model simulations reproduce this behavior along all coastlines. The parallel orientation to coastlines is consistent with lead
orientations reported earlier (Miles and Barry, 1998; Brohan and Kaleschke, 2014).

In the east Siberian Sea the mean LKF orientation is from east to west in the RGPS data as well as in both model simulations.
This is also the orientation of the local fast-ice edge. The mean orientation shifts towards the north-south direction in the
Beaufort Sea, again for the observations and both simulations. This general pattern of LKF orientation is consistent with the
orientations derived from visually detected leads in thermal- and visible-band imagery of the years 1979-1985 (Miles and
Barry, 1998). Interestingly, there are substantial differences to more recent results with predominantly east-west orientations
in the Beaufort Sea (Brohan and Kaleschke, 2014). These differences may appear because Brohan and Kaleschke (2014) used
data from a different time period (years 2002-2011) or because they used a more sophisticated statistical method (Hough
transform). We note that although RGPS data and simulations agree in the mean LKF orientation in these regions, the model
shows a spread in the modal values, which points towards too large LKF intersection angles that lead to two peaks in the
distribution of orientations.

In the Central Arctic, the mean orientation of LKFs in the RGPS data suggests a circular deformation pattern that originates in
North-East Greenland, circles the North Pole and heads towards Severnaya Zemlya. The pattern is reminiscent of a basin-scale
ice arch formed by the main sea ice export pathway through the Fram Strait. In the modal representation of LKF orientations,
this arch is barely visible in the model simulations. In the Fram Strait, we find modes parallel and perpendicular to the outflow
direction, indicating the build-up of flow blockages similar to ice arches together with shearing zones between the exported sea

ice and the fast-ice along the coast of Greenland.
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Figure 6. (a,b,c) Mean orientation of LKFs for RGPS and two model simulations for the winters between 1996 and 2008. We follow the
definition of mean and standard deviations for circular data from Brohan and Kaleschke (2014) for lead orientations. The line width indicates
the standard deviation of the distibrution within the cell. Orientation distributions that are statistically significantly different from a random
distribution are marked by a black dot. Only cells that contain more than 500 LKFs are shown. (d,e,f) Modal orientation of LKFs for RGPS
and two model simulations. The three largest modes of the distribution of orientation are plotted for cells with including more than 500

LKFs. The probability (PDF) of each mode is shown by the line length, where a PDF value of 5.5- 10~ corresponds to the mean PDF value

of a random distribution. In (b,c,e,f) the 0°, 90°, 180°, and —90°-meridian are shown as dashed grey lines. The numerical grid lines of both

simulations are parallel to these meridians.

4.2 Spatial LKF properties
4.2.1 LKF length

LKFs in the Arctic have length scales from a few meters up to the basin-scale (1000 km). Given that automated lead detection
is challenging and hand-picked lead data-sets have a limited sampling size, the first quantitative estimates of LKF length
have been published only very recently (Linow and Dierking, 2017; Hutter et al., 2019). From 10 RGPS records Linow and
Dierking (2017) inferred an exponential distribution of LKF lengths. Length measurements of lead skeletons, again from a
small sample-size, were also distributed exponentially (Van Dyne et al., 1998). The distribution of LKF lengths from the entire
RGPS data-set contains more extreme values (Hutter et al., 2019) and is described by a stretched-exponential distribution:

p(z) = CaP —le=22" with C = ﬁ/\e)‘mﬁxin (Clauset et al., 2009). Stretched-exponential distributions belong to the family of
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Figure 7. (a) PDF of LKF lengths for RGPS data and both simulations along with fits to stretched exponential distributions. (b) Absolute
frequencies of LKF lengths in RGPS data and both simulations. For the analysis presented in this Figure the LKF data sets of both simulations
are filtered for RGPS coverage.

heavy-tailed distribution, but in contrast to the power-law distribution have a natural upper limit scale (Laherrére and Sornette,
1998). Here, the upper limit scale is the finite size of the Arctic Ocean.

We determine the PDF of LKF lengths from RGPS data and both model simulations (Fig. 7a). The length is measured as
the cumulative sum of the distance between pixels along the LKF. We fit a stretched exponential distribution to all data-sets
using Maximum Likelihood Estimators and perform a goodness-of-fit test (Hutter et al., 2019). We find that all distributions
are accurately described by stretched exponentials (RGPS: A =1.69-1072,3 = 0.719, noITD: A =0.90-1072,3 = 0.761,
and ITD: A = 1.38-1072, 3 = 0.741). The PDF of the ITD simulation agrees remarkably well with the RGPS PDF; only for
LKFs longer than 150 km, the probabilities are slightly higher. In the noITD simulation large LKFs (> 300km) have a higher
probability than in the RGPS data or in the ITD simulation. From the absolute frequencies of LKF lengths (Fig. 7b), it becomes
clear that these high values in the (normalized) PDF are to a large extent a consequence of too few small LKFs. From the deficit
in small-scale deformation features in the noITD simulation one may infer that there are too few inhomogeneities in the ice
cover that can initiate failure. The ITD sub-grid model allows for more small-scale variations in the ice thickness distribution

that are reflected in the ice strength and in turn lead to stronger localized deformation.
4.2.2 LKF curvature

As their name implies, Linear Kinematic Features are mostly linear with only little curvature (Kwok, 2001). Linow and Dierk-

ing (2017) introduced the dependence of the distance between both endpoints on the LKF length as a metric for the curvature
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of an LKF. This ratio is 1 for perfectly linear features and O for circular ones. We apply this metric to all LKFs detected in the
RGPS data and both simulations and plot the distance between LKF endpoints against the LKF length (Fig. 8). For perfectly
linear LKFs, all points converge to a line with a slope of 1 (the diagonal of the plot). We find that all LKFs clearly fall on a line
with slopes of 0.91 (RGPS and noITD) and 0.90 (ITD) for all length scales from up to 1700 km. Thus, the shape of the LKFs
does not change with spatial scale, which agrees very well with the self-similar properties of sea-ice shown for the size of ice
floes (Stern et al., 2018) and deformation features (Weiss, 2003; Marsan et al., 2004; Wernecke and Kaleschke, 2015). Both
simulations reproduce the curvature of the features itself and its scale invariance. The spread in curvature decreases at smaller
LKEF length (< 200km) for RGPS and both simulations, because the LKF detection algorithm does a poor job of detecting
short high-curvature LKFs. We, here, note that this fairly simple metric does not allow further inferences about the shape of

LKFs, but it has the advantage that it can be applied in a straightforward manner to a large variety of LKFs.
4.2.3 LKF intersection angles

The intersection angle of LKFs is strongly related to the material properties, more precisely to the yield curve of the rheology
(Erlingsson, 1988; Wang, 2007), but only intersection angles of conjugate faults, where intersecting LKFs form instantaneously
under the same forcing conditions, provide direct information about the yield curve. Therefore, we limit the analysis of inter-
section angles to pairs of LKFs that form in the same time record. We note that with this restriction the maximum time between

the formation of both LKFs is determined by the temporal resolution of RGPS of 3 days. Therefore some LKF pairs may not
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have formed simultaneously. In addition, we require the length of both LKFs to be larger than 125 km to exclude the effect of
a preferred direction along the pixels of the image.

The PDF of intersection angles for RGPS data peaks around 40°-50° (Fig. 9). This peak agrees with typical intersection
angles of 30°-50° inferred from satellite imagery (Walter and Overland, 1993; Cunningham et al., 1994; Schulson, 2004;
Wang, 2007) and laboratory measurements (Schulson et al., 2006). We find the lowest probabilities for angels smaller than
20°. Angles larger than 50° occur more often than angles smaller than 40°. The distributions of intersection angels in both
model simulations are very different from the RGPS data and peak at 90°, which is in agreement with idealized experiments
using the VP rheology (Hutchings et al., 2005). Intersection angles smaller than 60° are less frequent in the model simulations
than in the RGPS data. The differences between both simulations are small.

According to theoretical considerations, the intersection angle is determined by the slope of yield curve (Pritchard, 1988;
Ukita and Moritz, 1995; Wang, 2007). As both simulations use the same elliptical yield curve with a normal flow-rule (Hibler,
1979) similar intersection angles of LKFs are expected. We attribute the small differences in Fig. 9 to sea ice fields with a
different amount of LKFs. Ringeisen et al. (2019) derived for idealized compression experiments that it is impossible to obtain
intersection angles smaller than 60° with an elliptical yield curve. This explains the deficit of small intersection angles in our
simulations. The peak in the PDF near 90° suggests a dominant LKF alignment with the numerical grid. A close inspection,
however, does not show this dominant alignment (Fig. 6 b,c,e,f). Therefore, we can assume that the grid orientation has only a

small effect on the LKF orientation, but that the rheology itself causes the overestimation of the intersection angle.
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in the legend. (b) Lifetime of modeled LKFs reduced to the RGPS coverage (dots and dashed lines) and unfiltered (crosses and dash-dotted

lines).

4.3 Temporal evolution of LKFs

The temporal evolution of LKFs has not been studied very much. In-situ field observations of individual leads breaking indi-
vidual floes (e.g. Dempsey et al., 2012) suffer from space and time limitations. Qualitative evaluations of the persistence of
lead patterns on the order of a month (Kwok, 2001) did not focus on individual leads to deduce these temporal characteristics
of LKFs and are necessarily inaccurate. Hutter et al. (2019) combined the large coverage of the RGPS data with a tracking
algorithm to provide first qualitative estimates of LKF lifetimes. Here, we use the same method to study the persistence and

the growth rates of LKFs.
4.3.1 LKF persistence

We determine the lifetime of an LKF by counting how many times we track a feature. The lifetime estimates are binned into
3-day intervals, that is, the temporal resolution of the deformation data. If an LKF can not be tracked, we assign it to the lowest
lifetime class (0 — 3days). Tracked LKFs are assigned to a lifetime class according to the number of tracks (one time tracked
is assigned to 3 — 6days, two time tracked to 6 — 9days, etc.). We compute the lifetime of LKFs in RGPS data and in both
simulations. For the simulations we provide two calculations each: one after reducing the simulation data to the RGPS coverage
(Fig. 10a) and one for the full data sets (Fig. 10b). All lifetime distributions have an exponential tail. For the comparison with
LKF lifetimes in the RGPS data we use the reduced versions of the model simulations (Fig. 10a). The lifetime distribution of the
noITD simulation and the RGPS data have the same rate of the exponent tail of 0.34day~'. The ITD simulations overestimates

the lifetime of LKFs with an exponential tail decaying with the rate of 0.21 day*.
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The long LKEF lifetimes in the ITD simulation can be caused either by too homogeneous forcing fields or a too strong memory
of past deformation, both of which favor continuous deformation of ice. Given the high temporal and spatial resolution of the
atmospheric forcing data, too homogeneous forcing fields are unlikely to be the only cause. In the ITD simulation, deformation
events imprint on the ice thickness distribution of a grid cell, which has an effect on the ice strength and hence leads to fast
feedbacks on the deformation itself. In this sense, these changes in the ice thickness distribution can be regarded as a memory
in the ice. Interestingly, this extra memory with the ice strength of Rothrock (1975) improves the agreement with the number
of LKFs (Sec. 4.1.1) and the LKF density (Sec. 4.1.2) in the RGPS data set, but reduces the agreement with the RGPS data set
in terms of LKF lifetimes. This suggests to improve the sea-ice model by decoupling the ice memory in the model from the ice
thickness distribution.

The varying spatial coverage of the RGPS data introduces an unknown bias in LKF lifetimes. With our simulations we can
estimate this bias by comparing the lifetimes of filtered LKFs to unfiltered LKFs (Fig. 10b). The difference for the noITD
simulation, which agrees almost perfectly with RGPS data when masked by RGPS coverage (Fig. 10a), suggests that the
amount of long lifetimes is reduced by the varying coverage with the rate of the exponential tail decreasing to 0.21day !,

which corresponds to an increase in mean lifetime of ~ 50 %. For the ITD simulation the effect is similar.
4.3.2 LKF growth rates

Failure propagates quickly through the sea ice cover. This propagation can be modified or even stopped by changing forcing
conditions. The growth rates of persistent LKFs provide information about these processes. We define the growth rate as the
change in length of an LKF divided by the time between two records. In detail, we compute the area where both LKFs of
a tracked pair overlap following the definition of overlap from Hutter et al. (2019) to determine how much of the change in
length is attributed to growth and shrinking. This overlapping area is the part of the LKF that is seen in both time records. All
parts of the LKF from the first time record that do not lie in the overlapping area are parts of the LKF that become inactive in
the next time record. We associate the shrinking rate to these changes. Analogously, the LKF grows by the parts of the LKF
in the second time record that lie outside of the overlapping area. These changes are associated with the (positive) growth
rate. For completeness we also compute the growth rates of newly formed LKFs as their initial length divided by the temporal
resolution.

All three growth rates follow an exponential distribution for the RGPS data and both model simulations (Fig. 11). Positive
growth has the largest growth rates and the slowest decay of the exponential tail. The growth rate distributions of newly formed
LKFs have the steepest exponential tails, but a higher probability of small growth rates (< 50km/day). This implies that it is
more likely for an existing LKF to grow longer than for a new one to form. From a physical point of view, this is plausible
because an existing LKF is a weakness in the ice, where, with constant forcing, stress can accumulate which facilitates further
deformation. Both model simulation contain this effect.

The shrinking rates of persistent LKFs are smaller than their growth rates and larger than the growth rate of newly formed
LKFs. The physical interpretation is that the fracture of ice acts on much smaller time scales than the healing of the ice cover.

Therefore, breaking the ice and opening a lead takes less time than closing the lead by refreezing or convergent ice motion.
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Figure 11. Mean (symbols) and standard deviation (vertical bars) of the growth rates of LKFs in RGPS data and both simulations. We
differentiate between the growth rate, the shrinking rate, and the growth rate of newly formed LKFs. The dashed lines are fits to exponential
tails, the rate parameter of which is given in the legend. For the analysis presented in this Figure the LKF data sets of both simulations are

filtered for RGPS coverage.

Both mechanisms — higher growth rates of persistent LKFs and slower closing of LKFs — are present in RGPS data and
both model simulations. However, only the ITD simulation reproduces the higher rate parameters of the exponential tails of
RGPS observations. The tails for the nolTD simulation decay more slowly for all three growth rate distributions. We attribute
these differences to two effects: (1) the feedback between deformation and thickness that accelerates the formation of LKFs is
slower without the ITD due to the different strength formulation. Therefore, higher stress builds up before plastic deformation
takes place, and consequently larger LKFs are formed. (2) The low LKF density in the noITD simulation leaves enough space
for LKFs to grow larger. There are two plausible ways of stopping an LKF from growing: either the stress is too small for
further growth, or the LKF intersects another LKF. Thus, higher LKF densities lead to lower growth rates.

The low temporal resolution of 3 days cannot resolve true growing or shrinking rates of the LKFs, because the formation
or destruction of a deformation features may take place on much shorter time scales. Therefore, the growth rates computed
here cannot be compared to fracture speeds of sea ice determined from acoustical measurements. These fracture speeds range
from 100 to 1100 m/s (Stamoulis and Dyer, 2000) and can be regarded as an upper limit of the LKF growth rates. In-situ
measurements of lead propagation times can also be used as an upper limit: Dempsey et al. (2012) recorded a time of 10s to
break a 80 m ice floe which corresponds to a fracture speed of ~ 690km/day. A higher temporal sampling rate is needed to
directly compare our LKF growth rates with fracture speeds, which could be achieved by a higher output frequency for the

model but is not possible for satellite observations.
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5 Discussion

In this section we discuss how the new feature-based evaluation of LKF statistics is linked to the scaling analysis and what
insights can be gained from LKF statistics for further model development.

Both simulations with and without ice thickness distribution (ITD) model agree remarkably well with satellite observations
with respect to the representation of LKFs and spatio-temporal scaling analysis of sea ice deformation. We find that the sim-
ulated sea-ice deformation reproduces the multi-fractality in both spatial and temporal scaling, as well as the spatio-temporal
coupling of multi-fractal characteristics, which remained a challenge even for simulations with the MEB-rheology (Rampal
et al., 2019). Hence, our simulated sea ice deformation is characterized by strong heterogeneity and intermittency. Our present
analysis is the most extensive scaling analysis so far for simulations with the VP-rheology and completes a set of previous
scaling analyses (Bouchat and Tremblay, 2017; Spreen et al., 2016; Hutter et al., 2018) that show that previous findings about
VP-simulations not being able to reproduce observed scaling properties at coarse grid resolution (Girard et al., 2009) cannot be
generalized (especially not to high grid-resolution simulations). For mean sea-ice deformation (first order moment ¢ = 1) the
simulation with an ITD leads to scaling exponents closer to the ones retrieved from RGPS, that is, sea-ice deformation is more
strongly localized in space and time compared to the simulation without an ITD. We attribute this result to the ice strength
parameterization of Rothrock (1975) in the ITD run that favors a fast evolution of plastic deformation.

Consistent with the scaling analysis in Section 3, we find that the ITD simulation has a larger number of LKFs compared to
the nolTD simulation. In general, the LKFs in the ITD simulation agree better with RGPS data in terms of the LKF statistics.
The LKF lifetime is the only exception. We note that both simulations reproduce all observed characteristics: heavy-tailed
distribution of LKF lengths, exponential tails in the distribution of LKF lifetimes and growth rates, and scale invariance of the
LKEF curvature. The distribution of intersection angles, however, is not reproduced in either simulations.

By combining the scaling analysis and the feature-based evaluation, we test which inferences from the scaling properties
can be made about the representation of LKFs. We discuss in the following how the results of both analyses are linked in our
special case, but stress that one analysis cannot replace the other. Nevertheless, their combined use may provide new insights
from previous scaling studies.

The largest difference in LKFs between the simulations is that the noITD simulation produces considerably fewer LKFs
compared to the ITD simulation. In Sec. 4.2.1, we discussed how this overall underestimation influences LKF properties such
as LKF length and growth rates. In addition, deformation fields that include fewer features of localized deformation obviously
will be smoother in both space and time. We attribute the lower scaling exponents for the noITD simulation largely to the lower
numbers of LKFs. The multi-fractal spatial scaling for both simulations is consistent with the heavy-tailed distribution of LKF
lengths and the scale invariance in LKF shapes that suggest self-similar deformation patterns.

The difference in temporal scaling exponents also seems to be caused largely by the difference in LKF numbers because the
nolTD simulation reproduces the distribution of LKF lifetimes remarkably well (Fig. 10a) in spite of a lower temporal scaling
exponent (Fig. 2). In contrast, the rate parameter of the LKF lifetime distribution in the ITD simulation is too low (Fig. 10)

despite the better temporal scaling exponent. The absolute number of short-lived LKFs in the ITD simulation, however, is
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higher and thereby closer to estimates from RGPS data just because of the higher number of LKFs. In this case, linking the
results of the temporal scaling analysis to the representation of LKF lifetimes as attempted in Hutter et al. (2018) appears to be
incorrect.

The agreement of the scaling analysis and the LKFs statistics between the model simulations and RGPS data may appear
almost surprising given that the models have not been tuned at all for these diagnostics. We argue that this model performance
is not determined by the large scale distribution of sea ice thickness and concentration, but the plastic model physics. For
the plastic physics in VP-models to produce highly intermittent and heterogeneous LKF distributions, high resolution (Spreen
et al., 2016; Hutter et al., 2018) and a sufficiently accurate solver (Koldunov et al., 2019) are necessary. As long as there is
a quasi-closed ice cover, which is the case where and when the RGPS data are available, the plastic physics will produce
localized deformation — even in idealized configurations (Hutter, 2015; Heorton et al., 2018) — and the associated statistics.

Both model simulations use the same grid and the same atmospheric forcing, which precludes direct inferences of resolution
impact on the presented statistics. Here, we comment on expected impact based on previous studies. With increasing horizontal
grid spacing, deformation features are more localized and more frequent (Spreen et al., 2016). Thus the number of LKFs,
presented in Section 4.1.1, are likely to increase with model resolution along with a decrease in LKF length and growth rates
as discussed in Section 4.2.1 and Sec. 4.3.2. In idealized experiments, it has been shown that higher spatial resolution of the
atmospheric forcing also has the potential to increase the localisation of sea-ice deformation (Hutter, 2015). This suggests that
also the number of LKFs increase. We speculate, however, that in our simulations this effect is saturated because we already
use atmospheric forcing with fairly high resolution (JRA-55, 0.5625°) that resolves most scales associated with the wind. To
our knowledge, there is no study on the impact of temporal resolution on sea ice deformation. We hypothesize that an increased
temporal resolution of the forcing will increase the short-term variability in the evolution LKFs, with direct impact on the LKF
growth rates and presence of short-lived LKFs. However, please note that the order of this short-term variability is given by
the temporal resolution (hours), which is much smaller than the shortest LKF lifetimes regarded in our study (0 — 3 days).
We suggest to disentangle the effects of model resolution and wind forcing, but also ice strength parameterisation and solver
parameters, on the formation of LKFs in a sensitivity study. For such a study, idealized experiments appear most suitable as
they easily allow for higher number of simulations and to isolate effects.

With the LKF statistics, we identified some issues in the simulated deformation fields that could be addressed by specific
parameterizations. A general theme in the discussion of LKF characteristics is the low LKF density in the simulations, which we
attribute to too few inhomogeneities in the ice that can act as a starting point for fracture. With an ITD, the number and density
of LKFs increase significantly. In the ITD simulation shear and divergence have a strong impact on the thin thickness classes
which immediately feeds back into the ice strength facilitating further deformation. Therefore, inhomogeneities introduced by
deformation in the thickness fields are much stronger compared to the standard VP simulation.

Simulated LKF densities in the pack ice away from the coast are too low compared to RGPS data and the distribution of
LKEF lifetimes is biased towards long-lived LKFs. The results imply that introducing inhomogeneities by using an ITD model
may be one way of improving the model, but not necessarily the best one. The increased presence of long-lived LKFs in the

ITD simulation suggests that one should reduce the strong feedback between ice thickness change and ice strength and instead
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introduce a damage parameter. This damage parameter would act as the memory of past deformation and would also feed back
into the ice strength, similar to the one used in EB/MEB models (Girard et al., 2011; Dansereau et al., 2016). Note that the
local degree of anisotropy of the elastic-anisotropic plastic rheology (Tsamados et al., 2013) also represents a memory of past
deformation. In doing so, a properly parameterized healing time could be tuned independently from parameters of the ITD
formulation. We stress that a systematic parameter optimization (e.g. Massonnet et al., 2014; Ungermann et al., 2017; Sumata
et al., 2019) is beyond the scope of this paper and also not possible due to limited computing resources.

The underrepresentation of fast-ice and LKFs that start from anchor points at shoals could be addressed with a grounding
scheme (e.g. Lemieux et al., 2015). As the missing anchor points at shoals lead to an overestimation of LKF densities in the
Chukchi Sea, this parameterization may also have an impact beyond improving the representation of fast-ice and LKFs at
shoals.

Although the model reproduces most LKF statistics, it completely fails to simulate the observed distribution of LKF inter-
section angles. This deficit can be traced back to the yield curve. The result motivated a dedicated study about the dependence
of the intersection angle on the yield curve (Ringeisen et al., 2019), which showed that, with a VP-rheology and classical
elliptical yield curve, it is impossible to simulate intersection angles below 60° in compression, and hence to reproduce the
observed intersection angles. Ringeisen et al. (2019) suggested to use a Mohr-Coulomb yield curve, but also note numerical
implementation hurdles. Hutchings et al. (2005) also showed smaller intersection angles using the Mohr-Coulomb yield curve.
We hypothesize that the density of LKFs could also increase by improving the simulated intersection angle, because with
sharper intersection angles more LKFs can be accommodated in the same area.

LKFs also affect the thermodynamic component of the sea ice model. Once the sea ice cover is opened in a resolved lead,
new ice growth is initiated. Koldunov et al. (2019) found that the wintertime sea ice volume increases with increasing number
of resolved features. In summertime, ice-ocean interaction along the boundaries of smaller floes accelerate the melting of
the ice cover (Horvat et al., 2016), which leads to a lower sea ice volume. Locally, the heat flux and the freshwater fluxes
associated with ice melt and growth in leads may generate horizontal gradients and submesoscale variability (Horvat et al.,
2016; Manucharyan and Thompson, 2017). There is no feedback of LKFs to drag in the model. As opposed to, for example,
Castellani et al. (2018); Tsamados et al. (2014), the LKF density is not a sub grid scale parameterisation, so that previous
parameterization of drag as a function of LKF density cannot used. Resolving LKFs allows for a drag parameterisation (e.g.,
Liipkes and Gryanik, 2015) that uses information about the free-board and characteristic length scale of floes from the simulated

sea ice fields.

6 Conclusion

The LKEF statistics in this paper provide valuable information about which characteristics of LKFs are reproduced by the model
and which modifications to the model are necessary to further improve these simulations. The model simulations, especially the
one with an ITD, have LKF fields that are in remarkable agreement with satellite observations from RGPS. This reproduction of

realistic deformation features is the prerequisite for regional climate studies that directly resolve atmosphere-ocean interaction
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processes along leads. In general, our model configuration could be used to predict deformation features in the ice. When the
orientation of leads is of special interest, for example for navigation, modifications to the rheology seem in place to obtain
more realistic intersection angles.

So far, scaling analyses are the main tool found in the literature to evaluate lead-permitting sea-ice models and provide
insight into the material properties that govern ice dynamics. With our simulations it becomes clear that these analyses cannot
discriminate between significantly different model physics in Pan-Arctic simulations (i.e., by comparing our scaling analysis
results to Rampal et al., 2019). This suggests that in these scaling analyses the effect of different physics is confounded by
external factors such as wind and ocean forcing or interactions with coastlines. Hence, we propose idealized experiments
(e.g. as in Dansereau et al., 2016; Weiss and Dansereau, 2017) to study and isolate individual mechanical properties. For the
evaluation of deformation features in Pan-Arctic simulations, the direct comparison of these features should be the first choice.

We find that the computed spatio-temporal scaling exponents are mainly linked to the number of LKFs, whereas other direct
inferences on other LKF properties are not obvious. For example, high temporal scaling exponents imply high intermittency,
but we find that the simulation with higher scaling exponents also tends to have longer LKF lifetimes, which at first glance
suggests lower intermittency. Therefore, we do not see our new method as a substitute for existing scaling analyses, but as a
complement. The presented LKF statistics offer the opportunity to directly evaluate simulated deformation features. A scaling
analysis tests for the material properties of ice dynamics. The decision about an appropriate metric or a combination of both

metrics will always depend on the application.

Code and data availability. The code of the LKF detection and tracking algorithm is available on github: https://github.com/nhutter/Ikf_
tools.git (Hutter, 2019a). The RGPS LKF data set is available on PANGAEA: Hutter et al. (2019, https://doi.org/10.1594/PANGAEA.
898114). The LKF data sets of both simulations are available on PANGAEA (Hutter, 2019b, c).

Appendix A: Modeled sea ice volume and extent

Neither model configuration is tuned to reproduce the observed ice distributions due to limited computational resources. As
a consequence, neither simulation reproduces the observed sea ice volume and extent in all detail, but agree in the observed
general trend of sea ice retreat (Fig. A1). The lower trend of sea ice volume in the ITD simulations was already reported for the
coarse resolution model configuration (Ungermann and Losch, 2018), from which we obtained the ITD specific parameters.
Both simulations overestimate the seasonal cycle of sea ice volume, which we attributed partly to the O-layer thermodynamics
used in the simulation and to the effect of resolved leads in the simulation. In wintertime, open-ocean exposed in leads allows
further ice growth even for an ice covered Arctic Ocean. In summertime, ice-ocean interaction along the edges of smaller floes
accelerate the melting of the ice cover (Horvat et al., 2016). Both model simulations underestimate the maximum sea ice extent,
which we attribute to the atmospheric forcing, as both simulations show agree in this underestimation. Improving the agreement

with these large scale observations requires a dedicated tuning study, which is beyond the scope of this paper and also beyond
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Figure Al. (top row) Comparison of Arctic sea ice volume in both model simulations used in our study to the PIOMAS model given as a
time series over the entire RGPS period (1996 to 2008) and separated into a linear trend, seasonality and residual. (lower row) Same as upper

row but for the Arctic sea ice extent from NSIDC. For a full description of the plots see Ungermann and Losch (2018)
the computer resources available to us. Both simulations agree with observed sea-ice volume and extent reasonably well from

November to April, when RGPS data are available, so that we can assume that the model-data differences in summertime are

not essential to our analysis.

Author contributions. NH performed both model simulations and derived the LKFs data-sets of the simulations. NH developed and imple-

mented the LKF statistics and the scaling analysis. NH and ML analyzed and discussed the results of the LKF statistics. NH prepared the
manuscript with contributions from ML.

Competing interests. The authors declare that they have no conflict of interest.

26



Acknowledgements. We thank Mischa Ungermann for his help setting up the high resolution ITD simulations. We thank Amélie Bouchat
for the discussions on scaling analyses that produced valueable input for the manuscript. We are grateful for Lars Kaleschke’s comments and

discussion on the manuscript.

27



10

15

20

25

30

35

References

Antonov, J. L., Locarnini, R. A., Boyer, T. P., Mishonov, A. V., and Garcia, H. E.: World Ocean Atlas 2005, Volume 2: Salinity, 2006.

Borradaile, G. J.: Statistics of Earth Science Data: Their Distribution in Time, Space and Orientation, Springer-Verlag Berlin Heidelberg,
https://doi.org/10.1007/978-3-662-05223-5, 2003.

Bouchat, A. and Tremblay, B.: Using sea-ice deformation fields to constrain the mechanical strength parameters of geophysical sea ice, Jour-
nal of Geophysical Research: Oceans, 122, 5802-5825, https://doi.org/10.1002/2017JC013020, http://dx.doi.org/10.1002/2017JC013020,
2017.

Brohan, D. and Kaleschke, L.: A Nine-Year Climatology of Arctic Sea Ice Lead Orientation and Frequency from AMSR-E, Remote Sensing,
6, 1451-1475, https://doi.org/10.3390/rs6021451, http://www.mdpi.com/2072-4292/6/2/1451, 2014.

Castellani, G., Losch, M., Ungermann, M., and Gerdes, R.: Sea-Ice Drag as Function of Deformation and Ice Cover: Effects on Simulated
Sea Ice and Ocean Circulation in the Arctic., Ocean Modelling, 128, 48—66, https://doi.org/10.1016/j.ocemod.2018.06.002, 2018.

Clauset, A., Shalizi, C., and Newman, M.: Power-Law Distributions in Empirical Data, SIAM Review, 51, 661-703,
https://doi.org/10.1137/070710111, 2009.

Coon, M., Kwok, R., Levy, G., Pruis, M., Schreyer, H., and Sulsky, D.: Arctic Ice Dynamics Joint Experiment (AIDJEX) assumptions
revisited and found inadequate, Journal of Geophysical Research: Oceans, 112, https://doi.org/10.1029/2005JC003393, https://agupubs.
onlinelibrary.wiley.com/doi/abs/10.1029/2005JC003393, 2007.

Cunningham, G. F., Kwok, R., and Banfield, J.: Ice lead orientation characteristics in the winter Beaufort Sea, in: Proceed-
ings of IGARSS °94 - 1994 IEEE International Geoscience and Remote Sensing Symposium, vol. 3, pp. 1747-1749 vol.3,
https://doi.org/10.1109/IGARSS.1994.399553, 1994.

Dansereau, V., Weiss, J., Saramito, P., and Lattes, P.: A Maxwell elasto-brittle rheology for sea ice modelling, The Cryosphere, 10, 1339—
1359, https://doi.org/10.5194/tc-10-1339-2016, http://www.the-cryosphere.net/10/1339/2016/, 2016.

Dempsey, J., Xie, Y., Adamson, R., and Farmer, D.: Fracture of a ridged multi-year Arctic sea ice floe, Cold Regions Science and Technol-
ogy, 76-77, 63 — 68, https://doi.org/https://doi.org/10.1016/j.coldregions.2011.09.012, http://www.sciencedirect.com/science/article/pii/
S0165232X11001947, max Coon Special issue, 2012.

Eguiluz, V. M., Ferndndez-Gracia, J., Irigoien, X., and Duarte, C. M.: A quantitative assessment of Arctic shipping in 201072014, Scientific
Reports, 6, https://doi.org/10.1038/srep30682, 2016.

Erlingsson, B.: Two-dimensional deformation patterns in sea ice, Journal of Glaciology, 34, 301-308, 1988.

Girard, L., Weiss, J., Molines, J. M., Barnier, B., and Bouillon, S.: Evaluation of high-resolution sea ice models on the basis of
statistical and scaling properties of Arctic sea ice drift and deformation, Journal of Geophysical Research: Oceans, 114, 1-15,
https://doi.org/10.1029/2008JC005182, http://dx.doi.org/10.1029/2008JC005182, 2009.

Girard, L., Bouillon, S., Weiss, J., Amitrano, D., Fichefet, T., and Legat, V.: A new modeling framework for sea-ice mechanics based on
elasto-brittle rheology, Annals of Glaciology, 52, 123—132, http://www.ingentaconnect.com/content/igsoc/agl/2011/00000052/00000057/
art00017, 2011.

Haas, C.: Dynamics Versus Thermodynamics: The Sea Ice Thickness Distribution, chap. 4, pp. 113-151, John Wiley & Sons, Ltd,
https://doi.org/10.1002/9781444317145.ch4, https://onlinelibrary.wiley.com/doi/abs/10.1002/9781444317145.ch4, 2010.

28


https://doi.org/10.1007/978-3-662-05223-5
https://doi.org/10.1002/2017JC013020
http://dx.doi.org/10.1002/2017JC013020
https://doi.org/10.3390/rs6021451
http://www.mdpi.com/2072-4292/6/2/1451
https://doi.org/10.1016/j.ocemod.2018.06.002
https://doi.org/10.1137/070710111
https://doi.org/10.1029/2005JC003393
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2005JC003393
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2005JC003393
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2005JC003393
https://doi.org/10.1109/IGARSS.1994.399553
https://doi.org/10.5194/tc-10-1339-2016
http://www.the-cryosphere.net/10/1339/2016/
https://doi.org/https://doi.org/10.1016/j.coldregions.2011.09.012
http://www.sciencedirect.com/science/article/pii/S0165232X11001947
http://www.sciencedirect.com/science/article/pii/S0165232X11001947
http://www.sciencedirect.com/science/article/pii/S0165232X11001947
https://doi.org/10.1038/srep30682
https://doi.org/10.1029/2008JC005182
http://dx.doi.org/10.1029/2008JC005182
http://www.ingentaconnect.com/content/igsoc/agl/2011/00000052/00000057/art00017
http://www.ingentaconnect.com/content/igsoc/agl/2011/00000052/00000057/art00017
http://www.ingentaconnect.com/content/igsoc/agl/2011/00000052/00000057/art00017
https://doi.org/10.1002/9781444317145.ch4
https://onlinelibrary.wiley.com/doi/abs/10.1002/9781444317145.ch4

10

15

20

25

30

35

Heorton, H. D. B. S., Feltham, D. L., and Tsamados, M.: Stress and deformation characteristics of sea ice in a high-resolution, anisotropic
sea ice model, Philosophical Transactions of the Royal Society A: Mathematical, Physical and Engineering Sciences, 376, 20170 349,
https://doi.org/10.1098/rsta.2017.0349, https://royalsocietypublishing.org/doi/abs/10.1098/rsta.2017.0349, 2018.

Hibler, W. D.: A Dynamic Thermodynamic Sea Ice Model, J. Phys. Oceanogr., 9, 815-846, 1979.

Horvat, C., Tziperman, E., and Campin, J.-M.: Interaction of sea ice floe size, ocean eddies, and sea ice melting, Geophysical Research Let-
ters, 43, 8083-8090, https://doi.org/10.1002/2016GL0O69742, https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2016GL069742,
2016.

Hutchings, J. K., Heil, P., and Hibler, W. D.: Modeling Linear Kinematic Features in Sea Ice, Monthly Weather Review, 133, 3481-3497,
https://doi.org/10.1175/MWR3045.1, https://doi.org/10.1175/MWR3045.1, 2005.

Hutter, N.: Viscous-plastic sea-ice models at very high resolution, Master’s thesis, University of Bremen, Alfred Wegener Institute, Helmholtz
Centre for Polar and Marine research, https://doi.org/10013/epic.46129, http://dx.doi.org/10013/epic.46129, 2015.

Hutter, N.: 1kf tools: a code to detect and track Linear Kinematic Features (LKFs) in sea-ice deformation data (Version v1.0),
https://doi.org/10.5281/zenodo.2560078, http://doi.org/10.5281/zenodo.2560078, Zenodo, 2019a.

Hutter, N.: Linear Kinematic Features (leads & pressure ridges) detected and tracked in sea-ice deformation simulated in an Arc-
tic configuration of MITgcm using a 2-km horizontal grid spacing from 1997 to 2008, https://doi.org/10.1594/PANGAEA.909636,
https://doi.org/10.1594/PANGAEA.909636, 2019b.

Hutter, N.: Linear Kinematic Features (leads & pressure ridges) detected and tracked in sea-ice deformation simulated in an Arctic
configuration of MITgcm using a 2-km horizontal grid with an active 5-class ice thickness distribution spacing from 1997 to 2008,
https://doi.org/10.1594/PANGAEA.909632, https://doi.org/10.1594/PANGAEA.909632, 2019c.

Hutter, N., Losch, M., and Menemenlis, D.: Scaling Properties of Arctic Sea Ice Deformation in a High-Resolution Viscous-Plastic Sea Ice
Model and in Satellite Observations, Journal of Geophysical Research: Oceans, 123, 672—-687, https://doi.org/10.1002/2017JC013119,
2018.

Hutter, N., Zampieri, L., and Losch, M.: Leads and ridges in Arctic sea ice from RGPS data and a new tracking algorithm, The Cryosphere,
13, 627-645, https://doi.org/10.5194/tc-13-627-2019, https://www.the-cryosphere.net/13/627/2019/, 2019.

Hutter, N., Zampieri, L., and Losch, M.: Linear Kinematic Features (leads & pressure ridges) detected and tracked in RADARSAT Geo-
physical Processor System (RGPS) sea-ice deformation data from 1997 to 2008, https://doi.org/10.1594/PANGAEA.898114, https:
//doi.org/10.1594/PANGAEA.898114, supplement to: Hutter, N et al. (accepted): Leads and ridges in Arctic sea ice from RGPS data
and a new tracking algorithm. The Cryosphere, https://doi.org/10.5194/tc-2018-207, 2019.

Jung, T., Gordon, N. D., Bauer, P., Bromwich, D. H., Chevallier, M., Day, J. J., Dawson, J., Doblas-Reyes, F., Fairall, C., Goessling, H. F.,
Holland, M., Inoue, J., Iversen, T., Klebe, S., Lemke, P., Losch, M., Makshtas, A., Mills, B., Nurmi, P., Perovich, D., Reid, P., Renfrew,
I. A., Smith, G., Svensson, G., Tolstykh, M., and Yang, Q.: Advancing Polar Prediction Capabilities on Daily to Seasonal Time Scales,
Bulletin of the American Meteorological Society, 97, 1631-1647, https://doi.org/10.1175/BAMS-D-14-00246.1, 2016.

Kobayashi, S., Ota, Y., Harada, Y., Ebita, A., Moriya, M., Onoda, H., Onogi, K., Kamahori, H., Kobayashi, C., Endo, H., Miyaoka, K., and
Takahashi, K.: The JRA-55 Reanalysis: General Specifications and Basic Characteristics, Journal of the Meteorological Society of Japan.
Ser. 11, 93, 5-48, https://doi.org/10.2151/jmsj.2015-001, 2015.

Koldunov, N. V., Danilov, S., Sidorenko, D., Hutter, N., Losch, M., Goessling, H., Rakowsky, N., Scholz, P., Sein, D., Wang,
Q., and Jung, T.: Fast EVP solutions in a high-resolution sea ice model, Journal of Advances in Modeling Earth Systems, 0,

https://doi.org/10.1029/2018MS001485, https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2018MS001485, 2019.

29


https://doi.org/10.1098/rsta.2017.0349
https://royalsocietypublishing.org/doi/abs/10.1098/rsta.2017.0349
https://doi.org/10.1002/2016GL069742
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2016GL069742
https://doi.org/10.1175/MWR3045.1
https://doi.org/10.1175/MWR3045.1
https://doi.org/10013/epic.46129
http://dx.doi.org/10013/epic.46129
https://doi.org/10.5281/zenodo.2560078
http://doi.org/10.5281/zenodo.2560078
https://doi.org/10.1594/PANGAEA.909636
https://doi.org/10.1594/PANGAEA.909636
https://doi.org/10.1594/PANGAEA.909632
https://doi.org/10.1594/PANGAEA.909632
https://doi.org/10.1002/2017JC013119
https://doi.org/10.5194/tc-13-627-2019
https://www.the-cryosphere.net/13/627/2019/
https://doi.org/10.1594/PANGAEA.898114
https://doi.org/10.1594/PANGAEA.898114
https://doi.org/10.1594/PANGAEA.898114
https://doi.org/10.1594/PANGAEA.898114
https://doi.org/10.1175/BAMS-D-14-00246.1
https://doi.org/10.2151/jmsj.2015-001
https://doi.org/10.1029/2018MS001485
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2018MS001485

10

15

20

25

30

35

Kwok, R.: The RADARSAT Geophysical Processor System, in: Analysis of SAR Data of the Polar Oceans, pp. 235-257, Springer Berlin
Heidelberg, https://doi.org/10.1007/978-3-642-60282-5_11, http://dx.doi.org/10.1007/978-3-642-60282-5_11, 1998.

Kwok, R.: Deformation of the Arctic Ocean Sea Ice Cover between November 1996 and April 1997: A Qualitative Survey, in: IUTAM
Symposium on Scaling Laws in Ice Mechanics and Ice Dynamics, edited by Dempsey, J. and Shen, H., vol. 94 of Solid Mechanics and Its
Applications, pp. 315-322, Springer Netherlands, https://doi.org/10.1007/978-94-015-9735-7_26, 2001.

Kwok, R. and Cunningham, G. F.: RADARSAT GEOPHYSICAL PROCESSOR SYSTEM: DATA USER’S HANDBOOK (Version 2.0),
2014.

Laherrere, J. and Sornette, D.: Stretched exponential distributions in nature and economy: “fat tails” with characteristic scales, The European
Physical Journal B - Condensed Matter and Complex Systems, 2, 525-539, https://doi.org/10.1007/s100510050276, https://doi.org/10.
1007/s100510050276, 1998.

Lemieux, J.-F., Tremblay, L. B., Dupont, F., Plante, M., Smith, G. C., and Dumont, D.: A basal stress parameterization for modeling landfast
ice, Journal of Geophysical Research: Oceans, 120, 3157-3173, https://doi.org/10.1002/2014JC010678, https://agupubs.onlinelibrary.
wiley.com/doi/abs/10.1002/2014JC010678, 2015.

Levy, G., Coon, M., Nguyen, G., and Sulsky, D.: Metrics for evaluating linear features, Geophysical Research Letters, 35,
https://doi.org/10.1029/2008 GL035086, https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2008GL035086, 2008.

Lindsay, R. W. and Stern, H. L.: The RADARSAT geophysical processor system: quality of sea ice trajectory and deformation estimates, J. At-
mos. Oceanic Technol., 20, 1333-1347, https://doi.org/http://dx.doi.org/10.1175/1520-0426(2003)020%3C1333:TRGPSQ%3E2.0.CO;2,
2003.

Linow, S. and Dierking, W.: Object-Based Detection of Linear Kinematic Features in Sea Ice, Remote Sensing, 9,
https://doi.org/10.3390/rs9050493, http://www.mdpi.com/2072-4292/9/5/493, 2017.

Lipscomb, W. H., Hunke, E. C., Maslowski, W., and Jakacki, J.: Ridging, strength, and stability in high-resolution sea ice models, Journal
of Geophysical Research: Oceans, 112, https://doi.org/10.1029/2005JC003355, https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/
2005JC003355, 2007.

Locarnini, R. A., Mishonov, A. V., Antonov, J. L., Boyer, T. P., and Garcia, H. E.: World Ocean Atlas 2005, Volume 1: Temperature, 2006.

Losch, M., Menemenlis, D., Campin, J.-M., Heimbach, P, and Hill, C.. On the formulation of sea-ice mod-
els. Part 1: Effects of different solver implementations and parameterizations, Ocean Modelling, 33, 129-144,
https://doi.org/http://dx.doi.org/10.1016/j.ocemod.2009.12.008, 2010.

Lipkes, C. and Gryanik, V.: Parameterization of drag coefficients over polar sea ice for climate models, Mercator Ocean Quarterly Newsletter
- Special Issue, 51, 29-34, 2015.

Mabhoney, A. R., Eicken, H., Shapiro, L. H., Heinrichs, T., Meyer, F. J., and Gaylord, A. G.: Mapping and Characterization of Recurring
Spring Leads and Landfast Ice in the Beaufort and Chukchi Seas, https://www.boem.gov/ESPIS/5/5226.pdf, final Report: OCS Study
BOEM 2012-067, 2012.

Manucharyan, G. E. and Thompson, A. F.: Submesoscale Sea Ice-Ocean Interactions in Marginal Ice Zones, Journal of Geophysi-
cal Research: Oceans, 122, 9455-9475, https://doi.org/10.1002/2017JC012895, https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/
2017JC012895, 2017.

Marsan, D., Stern, H., Lindsay, R., and Weiss, J.: Scale Dependence and Localization of the Deformation of Arctic Sea Ice, Phys. Rev. Lett.,
93, 178 501, https://doi.org/10.1103/PhysRevLett.93.178501, http://link.aps.org/doi/10.1103/PhysRevLett.93.178501, 2004.

30


https://doi.org/10.1007/978-3-642-60282-5_11
http://dx.doi.org/10.1007/978-3-642-60282-5_11
https://doi.org/10.1007/978-94-015-9735-7_26
https://doi.org/10.1007/s100510050276
https://doi.org/10.1007/s100510050276
https://doi.org/10.1007/s100510050276
https://doi.org/10.1007/s100510050276
https://doi.org/10.1002/2014JC010678
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2014JC010678
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2014JC010678
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2014JC010678
https://doi.org/10.1029/2008GL035086
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2008GL035086
https://doi.org/http://dx.doi.org/10.1175/1520-0426(2003)020%3C1333:TRGPSQ%3E2.0.CO;2
https://doi.org/10.3390/rs9050493
http://www.mdpi.com/2072-4292/9/5/493
https://doi.org/10.1029/2005JC003355
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2005JC003355
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2005JC003355
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2005JC003355
https://doi.org/http://dx.doi.org/10.1016/j.ocemod.2009.12.008
https://www.boem.gov/ESPIS/5/5226.pdf
https://doi.org/10.1002/2017JC012895
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2017JC012895
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2017JC012895
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2017JC012895
https://doi.org/10.1103/PhysRevLett.93.178501
http://link.aps.org/doi/10.1103/PhysRevLett.93.178501

10

15

20

25

30

35

Marshall, J., Adcroft, A., Hill, C., Perelman, L., and Heisey, C.: A Finite-Volume, Incompressible Navier Stokes Model for Studies of the
Ocean on Parallel Computers, J. Geophys. Res., 102, 5753-5766, https://doi.org/10.1029/96JC02775, 1997.

Massonnet, F., Goosse, H., Fichefet, T., and Counillon, F.: Calibration of sea ice dynamic parameters in an ocean-sea ice model using
an ensemble Kalman filter, Journal of Geophysical Research: Oceans, 119, 4168-4184, https://doi.org/10.1002/2013JC009705, https:
/lagupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2013JC009705, 2014.

Menemenlis, D., Campin, J., Heimbach, P., Hill, C., Lee, T., Nguyen, A., Schodlok, M., and Zhang, H.: ECCO2: High Resolution Global
Ocean and Sea Ice Data Synthesis, Mercator Ocean Quaterly Newsletter, 31, 13-21, 2008.

Miles, M. W. and Barry, R. G.: A 5-year satellite climatology of winter sea ice leads in the western Arctic, Journal of Geophysical Research:
Oceans, 103, 21 723-21 734, https://doi.org/10.1029/98JC01997, 1998.

MITgem Group: MITgem User Manual, Online documentation, MIT/EAPS, Cambridge, MA 02139, USA, http://mitgcm.org/public/docs.
html, 2017.

Mohammadi-Aragh, M., Goessling, H. F., Losch, M., Hutter, N., and Jung, T.: Predictability of Arctic sea ice on weather time scales,
Scientific reports, 8, 2018.

Mourre, B., Aguiar, E., Juza, M., Hernandez-Lasheras, J., Reyes, E., Heslop, E., Escudier, R., Cutolo, E., Ruiz, S., Mason, E., Pascual, A.,
and Tintoré, J.: Assessment of High-Resolution Regional Ocean Prediction Systems Using Multi-Platform Observations: [llustrations in
the Western Mediterranean Sea, in: New Frontiers in Operational Oceanography, edited by Chassignet, E., Pascual, A., Tintoré, J., and
Verron, J., pp. 663-694, GODAE Ocean View, https://doi.org/doi:10.17125/gov2018.ch24, 2018.

Nguyen, A. T., Menemenlis, D., and Kwok, R.: Arctic ice-ocean simulation with optimized model parameters: approach and assessment, J.
Geophys. Res., 116, C04 025, 2011.

Nguyen, A. T., Kwok, R., and Menemenlis, D.: Source and Pathway of the Western Arctic Upper Halocline in a Data-Constrained Coupled
Ocean and Sea Ice Model, Journal of Physical Oceanography, 42, 802—823, https://doi.org/10.1175/JPO-D-11-040.1, 2012.

Oikkonen, A., Haapala, J., Lensu, M., Karvonen, J., and Itkin, P.: Small-scale sea ice deformation during N-ICE2015: From compact pack
ice to marginal ice zone, Journal of Geophysical Research: Oceans, 122, 5105-5120, https://doi.org/10.1002/2016JC012387, http://dx.
doi.org/10.1002/2016JC012387, 2017.

Pritchard, R. S.: Mathematical characteristics of sea ice dynamics models, Journal of Geophysical Research: Oceans, 93, 1560915618,
https://doi.org/10.1029/1C093iC12p15609, https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/JC093iC12p15609, 1988.

Rampal, P, Weiss, J., Marsan, D., Lindsay, R., and Stern, H.: Scaling properties of sea ice deformation from buoy dispersion analysis, Journal
of Geophysical Research: Oceans, 113, 1-12, https://doi.org/10.1029/2007JC004143, http://dx.doi.org/10.1029/2007JC004143, 2008.
Rampal, P., Bouillon, S., Olason, E., and Morlighem, M.: neXtSIM: a new Lagrangian sea ice model, The Cryosphere, 10, 1055-1073,

https://doi.org/10.5194/tc-10-1055-2016, http://www.the-cryosphere.net/10/1055/2016/, 2016.

Rampal, P.,, Dansereau, V., Olason, E., Bouillon, S., Williams, T., and Samaké, A.: On the multi-fractal scaling properties of sea ice
deformation, The Cryosphere Discussions, 2019, 1-45, https://doi.org/10.5194/tc-2018-290, https://www.the-cryosphere-discuss.net/
tc-2018-290/, 2019.

Ringeisen, D., Losch, M., Tremblay, L. B., and Hutter, N.: Simulating intersection angles between conjugate faults in sea ice with different
viscous—plastic rheologies, The Cryosphere, 13, 1167-1186, https://doi.org/10.5194/tc-13-1167-2019, https://www.the-cryosphere.net/
13/1167/2019/, 2019.

Rothrock, D. A.: The energetics of the plastic deformation of pack ice by ridging, Journal of Geophysical Research (1896-1977), 80, 4514—
4519, https://doi.org/10.1029/1C080i033p04514, https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/JC080i033p04514, 1975.

31


https://doi.org/10.1029/96JC02775
https://doi.org/10.1002/2013JC009705
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2013JC009705
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2013JC009705
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2013JC009705
https://doi.org/10.1029/98JC01997
http://mitgcm.org/public/docs.html
http://mitgcm.org/public/docs.html
http://mitgcm.org/public/docs.html
https://doi.org/doi:10.17125/gov2018.ch24
https://doi.org/10.1175/JPO-D-11-040.1
https://doi.org/10.1002/2016JC012387
http://dx.doi.org/10.1002/2016JC012387
http://dx.doi.org/10.1002/2016JC012387
http://dx.doi.org/10.1002/2016JC012387
https://doi.org/10.1029/JC093iC12p15609
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/JC093iC12p15609
https://doi.org/10.1029/2007JC004143
http://dx.doi.org/10.1029/2007JC004143
https://doi.org/10.5194/tc-10-1055-2016
http://www.the-cryosphere.net/10/1055/2016/
https://doi.org/10.5194/tc-2018-290
https://www.the-cryosphere-discuss.net/tc-2018-290/
https://www.the-cryosphere-discuss.net/tc-2018-290/
https://www.the-cryosphere-discuss.net/tc-2018-290/
https://doi.org/10.5194/tc-13-1167-2019
https://www.the-cryosphere.net/13/1167/2019/
https://www.the-cryosphere.net/13/1167/2019/
https://www.the-cryosphere.net/13/1167/2019/
https://doi.org/10.1029/JC080i033p04514
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/JC080i033p04514

10

15

20

25

30

35

Schaffer, J. and Timmermann, R.: Greenland and Antarctic ice sheet topography, cavity geometry, and global bathymetry (RTopo-2), links
to NetCDF files, https://doi.org/10.1594/PANGAEA.856844, https://doi.org/10.1594/PANGAEA.856844, supplement to: Schaffer, Janin;
Timmermann, Ralph; Arndt, Jan Erik; Kristensen, Steen Savstrup; Mayer, Christoph; Morlighem, Mathieu; Steinhage, Daniel (2016): A
global, high-resolution data set of ice sheet topography, cavity geometry, and ocean bathymetry. Earth System Science Data, 8(2), 543-557,
https://doi.org/10.5194/essd-8-543-2016, 2016.

Schulson, E., Fortt, A., Iliescu, D., and Renshaw, C.: On the role of frictional sliding in the compressive fracture of ice and gran-
ite: Terminal vs. post-terminal failure, Acta Materialia, 54, 3923 — 3932, https://doi.org/https://doi.org/10.1016/j.actamat.2006.04.024,
http://www.sciencedirect.com/science/article/pii/S1359645406003120, 2006.

Schulson, E. M.: Compressive shear faults within arctic sea ice: Fracture on scales large and small, Journal of Geophysical Research: Oceans,
109, https://doi.org/10.1029/2003JC002108, 2004.

Spreen, G., Kwok, R., Menemenlis, D., and Nguyen, A. T.: Sea Ice Deformation in a Coupled Ocean-Sea Ice Model and in Satellite Re-
mote Sensing Data, The Cryosphere Discussions, 2016, 1-37, https://doi.org/10.5194/tc-2016-13, http://www.the-cryosphere-discuss.net/
tc-2016-13/, 2016.

Stamoulis, C. and Dyer, I.: Acoustically derived ice-fracture velocity in central Arctic pack ice, The Journal of the Acoustical Society of
America, 108, 96—104, https://doi.org/10.1121/1.429448, https://doi.org/10.1121/1.429448, 2000.

Stern, H., Schweiger, A., Zhang, J., and Steele, M.: On reconciling disparate studies of the sea-ice floe size distribution., Elementa Science
of the Anthropocene, 6, 1-16, https://doi.org/10.1525/elementa.304, 2018.

Sumata, H., Kauker, F., Karcher, M., and Gerdes, R.: Simultaneous Parameter Optimization of an Arctic Sea Ice—Ocean Model by
a Genetic Algorithm, Monthly Weather Review, 147, 1899-1926, https://doi.org/10.1175/MWR-D-18-0360.1, https://doi.org/10.1175/
MWR-D-18-0360.1, 2019.

Thorndike, A. S., Rothrock, D. A., Maykut, G. A., and Colony, R.: The thickness distribution of sea ice, Journal of Geophysical Re-
search (1896-1977), 80, 4501-4513, https://doi.org/10.1029/JC080i033p04501, https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/
JC080i033p04501, 1975.

Tsamados, M., Feltham, D. L., and Wilchinsky, A. V.: Impact of a new anisotropic rheology on simulations of Arctic sea ice, Journal of
Geophysical Research: Oceans, 118, 91-107, https://doi.org/10.1029/2012JC007990, https://agupubs.onlinelibrary.wiley.com/doi/abs/10.
1029/2012JC007990, 2013.

Tsamados, M., Feltham, D. L., Schroeder, D., Flocco, D., Farrell, S. L., Kurtz, N., Laxon, S. W., and Bacon, S.: Impact of Vari-
able Atmospheric and Oceanic Form Drag on Simulations of Arctic Sea Ice, Journal of Physical Oceanography, 44, 1329-1353,
https://doi.org/10.1175/JPO-D-13-0215.1, https://doi.org/10.1175/JPO-D-13-0215.1, 2014.

Ukita, J. and Moritz, R. E.: Yield curves and flow rules of pack ice, Journal of Geophysical Research: Oceans, 100, 4545-4557,
https://doi.org/10.1029/941C02202, https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/94JC02202, 1995.

Ungermann, M. and Losch, M.: An Observationally Based Evaluation of Subgrid Scale Ice Thickness Distributions Simulated
in a Large-Scale Sea Ice-Ocean Model of the Arctic Ocean, Journal of Geophysical Research: Oceans, 123, 8052-8067,
https://doi.org/10.1029/2018JC014022, https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2018JC014022, 2018.

Ungermann, M., Tremblay, L. B., Martin, T., and Losch, M.: Impact of the Ice Strength Formulation on the Performance of a Sea Ice
Thickness Distribution Model in the Arctic, J. Geophys. Res., 122, 2090-2107, https://doi.org/10.1002/2016JC012128, http://dx.doi.org/
10.1002/2016JC012128, 2017.

32


https://doi.org/10.1594/PANGAEA.856844
https://doi.org/10.1594/PANGAEA.856844
https://doi.org/https://doi.org/10.1016/j.actamat.2006.04.024
http://www.sciencedirect.com/science/article/pii/S1359645406003120
https://doi.org/10.1029/2003JC002108
https://doi.org/10.5194/tc-2016-13
http://www.the-cryosphere-discuss.net/tc-2016-13/
http://www.the-cryosphere-discuss.net/tc-2016-13/
http://www.the-cryosphere-discuss.net/tc-2016-13/
https://doi.org/10.1121/1.429448
https://doi.org/10.1121/1.429448
https://doi.org/10.1525/elementa.304
https://doi.org/10.1175/MWR-D-18-0360.1
https://doi.org/10.1175/MWR-D-18-0360.1
https://doi.org/10.1175/MWR-D-18-0360.1
https://doi.org/10.1175/MWR-D-18-0360.1
https://doi.org/10.1029/JC080i033p04501
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/JC080i033p04501
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/JC080i033p04501
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/JC080i033p04501
https://doi.org/10.1029/2012JC007990
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2012JC007990
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2012JC007990
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2012JC007990
https://doi.org/10.1175/JPO-D-13-0215.1
https://doi.org/10.1175/JPO-D-13-0215.1
https://doi.org/10.1029/94JC02202
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/94JC02202
https://doi.org/10.1029/2018JC014022
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/2018JC014022
https://doi.org/10.1002/2016JC012128
http://dx.doi.org/10.1002/2016JC012128
http://dx.doi.org/10.1002/2016JC012128
http://dx.doi.org/10.1002/2016JC012128

10

15

20

25

Van Dyne, M., Tsatsoulis, C., and Fetterer, F.: Analyzing lead information from SAR images, IEEE Transactions on Geoscience and Remote
Sensing, 36, 647-660, https://doi.org/10.1109/36.662745, 1998.

Wadhams, P.: Sea ice thickness distribution in the Greenland Sea and Eurasian Basin, May 1987, Journal of Geophysical Research: Oceans,
97, 5331-5348, https://doi.org/10.1029/91JC03137, https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/91JC03137, 1992.

Walter, B. A. and Overland, J. E.: The response of lead patterns in the Beaufort Sea to storm-scale wind forcing, Annals of Glaciology, 17,
219-226, https://doi.org/10.3189/S0260305500012878, 1993.

Wang, K.: Observing the yield curve of compacted pack ice, Journal of Geophysical Research: Oceans, 112,
https://doi.org/10.1029/2006JC003610, https://doi.org/10.1029/2006JC003610, 2007.

Wang, Q., Danilov, S., Jung, T., Kaleschke, L., and Wernecke, A.: Sea ice leads in the Arctic Ocean: Model assessment, interannual variability
and trends, Geophysical Research Letters, 43, 7019-7027, https://doi.org/10.1002/2016GL068696, https://agupubs.onlinelibrary.wiley.
com/doi/abs/10.1002/2016GL068696, 2016.

Weiss, J.: Scaling of Fracture and Faulting of Ice on Earth, Surveys in Geophysics, 24, 185-227, https://doi.org/10.1023/A:1023293117309,
http://dx.doi.org/10.1023/A%3A1023293117309, 2003.

Weiss, J.: Sea Ice Deformation, in: Drift, Deformation, and Fracture of Sea Ice, SpringerBriefs in Earth Sciences, pp. 31-51, Springer
Netherlands, https://doi.org/10.1007/978-94-007-6202-2_3, http://dx.doi.org/10.1007/978-94-007-6202-2_3, 2013.

Weiss, J. and Dansereau, V.: Linking scales in sea ice mechanics, Philosophical Transactions of the Royal Society of London A: Mathemat-
ical, Physical and Engineering Sciences, 375, https://doi.org/10.1098/rsta.2015.0352, http://rsta.royalsocietypublishing.org/content/375/
2086/20150352, 2017.

Wernecke, A. and Kaleschke, L.: Lead detection in Arctic sea ice from CryoSat-2: quality assessment, lead area fraction and width distribu-
tion, The Cryosphere, 9, 1955-1968, https://doi.org/10.5194/tc-9-1955-2015, https://www.the-cryosphere.net/9/1955/2015/, 2015.

Willmes, S. and Heinemann, G.: Sea-Ice Wintertime Lead Frequencies and Regional Characteristics in the Arctic, 2003-2015, Remote
Sensing, 8, https://doi.org/10.3390/rs8010004, http://www.mdpi.com/2072-4292/8/1/4, 2016.

Zhang, J. and Hibler, W. D.: On an efficient numerical method for modeling sea ice dynamics, Journal of Geophysical Research: Oceans,
102, 8691-8702, https://doi.org/10.1029/96JC03744, http://dx.doi.org/10.1029/96JC03744, 1997.

Zhang, J., Thomas, D. R., Rothrock, D. A., Lindsay, R. W., Yu, Y., and Kwok, R.: Assimilation of ice motion observations and comparisons
with submarine ice thickness data, Journal of Geophysical Research: Oceans, 108, https://doi.org/10.1029/2001JC001041, 2003.

Zhao, M., Timmermans, M.-L., Cole, S., Krishfield, R., Proshutinsky, A., and Toole, J.: Characterizing the eddy field in the Arctic Ocean halo-
cline, Journal of Geophysical Research: Oceans, 119, 8800-8817, https://doi.org/10.1002/2014JC010488, https://agupubs.onlinelibrary.
wiley.com/doi/abs/10.1002/2014JC010488, 2014.

33


https://doi.org/10.1109/36.662745
https://doi.org/10.1029/91JC03137
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1029/91JC03137
https://doi.org/10.3189/S0260305500012878
https://doi.org/10.1029/2006JC003610
https://doi.org/10.1029/2006JC003610
https://doi.org/10.1002/2016GL068696
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2016GL068696
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2016GL068696
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2016GL068696
https://doi.org/10.1023/A:1023293117309
http://dx.doi.org/10.1023/A%3A1023293117309
https://doi.org/10.1007/978-94-007-6202-2_3
http://dx.doi.org/10.1007/978-94-007-6202-2_3
https://doi.org/10.1098/rsta.2015.0352
http://rsta.royalsocietypublishing.org/content/375/2086/20150352
http://rsta.royalsocietypublishing.org/content/375/2086/20150352
http://rsta.royalsocietypublishing.org/content/375/2086/20150352
https://doi.org/10.5194/tc-9-1955-2015
https://www.the-cryosphere.net/9/1955/2015/
https://doi.org/10.3390/rs8010004
http://www.mdpi.com/2072-4292/8/1/4
https://doi.org/10.1029/96JC03744
http://dx.doi.org/10.1029/96JC03744
https://doi.org/10.1029/2001JC001041
https://doi.org/10.1002/2014JC010488
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2014JC010488
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2014JC010488
https://agupubs.onlinelibrary.wiley.com/doi/abs/10.1002/2014JC010488

