Response to the Editor: Estimation of
Degree of Sea Ice Ridging Based on Dual-

Polarized C-band SAR Data by Alexan-
dru Gegiuc et al.

Editor Decision: Publish subject to minor revisions (review by editor) (21
Nov 2017) by Jennifer Hutchings Comments to the Author:

Dear Alexander Geigiuc and co-authors,

Thank you for your response to the reviewers, which has greatly improved
the paper. I have some comments that I hope you can address. These are mostly
related to readability and explaining the interest of your results for the general
readership of The Cryosphere.

Please have an English speaker proof read the paper. Some examples of gra-
matical errors are provided below. Line numbers refer to the manuscript with
marked up edits.

page 1, line 3: ”daily in manually prepared ice charts”
Corrected

page 1, line 6: ”of the degree of ice ridging”
Corrected

page 1, line9: either ”using the Random Forest classification method” or
”using Random Forest classification”.
Replaced with: ”using the Random Forest classification method”.

page 1, line 14: Consider rephrasing. Is the word ”studied” appropriate here.
Perhaps clearer to say ”The correspondence between the degree of ridging in
ice charts and the actual ridge density was validated with data collected during
and field campaign in March 2011”. I removed ”extensive” because this is a
word that places a judgemental value on the work, without providing context.
I think it is personal choice if you want to keep ”extensive”.
Replaced the sentence with: ”The correspondence between the de-
gree of ice ridging reported in the ice charts and the actual ridge
density was validated with data collected during a field campaign in
March 2011”.

page 2, line 2: a comma in front of ”"which”
Done.

page 2, line 11: comma needed before ”the expertise”
Done.

page 2, first paragraph: Perhaps it would help the reader to identify why
you talk about particular features, such as salinity, in the context of making ice
charts. I think you only need a sentance in the paragraph explaining that the
parameters you describe affect interpretation of remotely sensed data in classi-



fication of ice type.

We have added the following sentence at the end of the mentioned
paragraph: ”The low salinity level affects the radar signal response
from satellite imagery, resulting in more volume and less surface scat-
tering of the incident signal.” The SAR signal response from Baltic
sea ice, including the effect of salinity is discussed in more detailed
in Section 2.1.

page 2, line 27: Not usual to start a sentance with ”Because”. This sentance
needs to be rephrased also.
We replaced the sentence with a new paragraph: ”Typically, the ice
situation changes little from one day to the next. Hence, when draw-
ing a new ice chart, the ice analysts are using the latest chart as the
basis for the new one, and only adjusting the polygon contours and
their assigned DIR values to match the new ice situation. This pro-
cedure speeds up the process of ice charting but may also introduce
a bias if old polygons are used. The quality of the displayed SAR
features of sea ice (e.g. magnitude of contrast/intensity, amount of
radar noise), the analyst’s experience and their style of drawing (more
detailed or less detailed) can contribute further to inconsistencies in
the finalized ice chart.”

page 2, line 29: remove ”th”
Done.

page 2, line 33: ”certian amounts of”
Corrected

The last sentance of this paragraph is overly complicated. Simplify if possi-
ble.
We have replaced the last two sentences in this paragraph, with the
following text: ”This would allow the icebreakers and non-icebreaker
vessels to benefit from it in advance route planning and optimization,
by taking advantage of the sea ice passages within ridged ice areas.
Manual ice charting should also benefit from a more detailed and
automated DIR map which can serve as basis layer for the final ice
chart.”

page 3, line 6 & 7: Reconsider if "to” is appropriate in this sentance in two
locations.
Removed both ”to” from this sentence.

page 3, line 11: again ”to” not needed here.
Removed ”to” from this sentence.

page 3, line 10 to end of section: Perhaps a subsection is appropriate for this
detailed information, in section 2.1?7 With line 9 being the end of the introduc-
tion. It is traditional for the paragraph at the end of the introduction to be a
map for reading the paper.
Agreed. We have moved the discussion related to the behaviour of
0° of Baltic sea ice in the newly formed Section 2.1.



page 4, line 13: missing space 13 was”.
Corrected.

page 4, line 15: ”weather remained similar”
Corrected.

page 4, line 19: ”The 15th of March ice extent reached”
Corrected.

page 4, line 21: consider using the word ”further” rather than ”any more”.
Replaced ”any more” with ”further”.

page 5, line 2: "means” not an appropriate word here. A period can not
mean! ”the test period includes the 13 SAR mosaics”
Corrected.

page 5, line 17: Specify that the -28db floor is nadir (is this correct?)
The specified value (noise floor) is not and cannot be for nadir, since
the SAR antenna does not measure at nadir. The specified nominal
value for noise floor, is applicable for the whole incidence angle range,
according to the SAR specifications.

page 5, line 32: check italicisation of ”where”.
Corrected.

page 6, line 6 and elsewhere: remove space in front of ’.’
Corrected.

page 6, line 7: ”in the resolution” — ”at the resolution”
Corrected.

page 6, line 15: rephrase ” DIR 5 indicades brash ice ..... ” T am not sure
what you mean by ”barrier” and while is not an appropriate conjuction to use
in this sentance.
It would be very helpful to discuss here what a DIR of 2, 3 and 4 actually means.
How are the catagories discriminated?
We have replaced the text describing the DIR categories and how
they are assigned in the ice charts and in our classification, in a more
detailed manner. The new text is below.
”The six DIR categories used in the operational ice charting in the
Baltic Sea, relate to the ridge density variation in an area. The cate-
gories are visually identified through changes both in the ¢° response
as well as in textural characteristics in SAR imagery. Their inter-
pretation is validated through field measurements provided by the
several operating icebreakers. The task of assigning a DIR value to
each ice chart polygon is a complex process requiring a good under-
standing of the history of the current winter season, i.e. monitoring
of changes in the pack ice zone and utilizing the continuous reports on
ice conditions provided by the icebreakers. In our study, we only de-



fine four DIR categories by combining the brash ice barriers (WMO,
2010) and the heavily ridged ice category. The brash ice barriers cov-
ered a very small fraction of the sea ice area, so that they couldn’t
have been treated as a distinct category for classification. The very
heavily ridged ice field category was not present in our dataset. The
four DIR categories used in this study are defined as follows:

The level-ice area is indicated as DIR 1 which usually looks ho-
mogenous and smooth in the SAR imagery with low ¢° response.
This category includes also slightly rafted ice. The slightly ridged ice
category including heavily rafted ice areas is marked as DIR 2. The
ridged and heavily ridged ice areas corresponding to the DIR 3 and 4,
respectively, are recognized by the changes in surface roughness at a
larger scale resulting in higher ¢° values. As their formation depends
on ice pressure, knowledge of the earlier ice and weather conditions
is required. The DIR 4 category in our data set included the few
occurrences of brash ice barriers.

page 6, line 26: Something is missing in front of ”does not make any sense”.
Or just delete these words.
Sentence removed completely.

page 6, line 29: ”also” not needed in this sentance. I am not sure what this
is 7also” tol
Corrected.

page 7, line 17: Is there any affect of water pockets in the ridge on de-
creasing keel depth estimates? I think there was some work by Stefan Hendriks
attempting to model this phenomena. Asking you check for completeness, and
to provide the most up-to-date understanding of the accuracy of ridge measure-
ments with HEM.
We have updated the text, so that it includes the most up-to-date
information. The new text is below.
”The main dataset is from the March 2011 campaign with approx-
imately 600 km of measurement lines by a helicopterborne electro-
magnetic (HEM) sensor which combines laser surface profiling and
inductive distance measurement to the ice-water interface. The mea-
surement system was similar to that described by Haas et al. (2009).
The HEM measurements give as comprehensive understanding on
ridging as is obtainable from linear profiles (see Fig. 2). The two
profiles provide the total thickness, and the surface laser profile re-
solves ridge sails. The measurement spacing of the HEM instrument
is 3-4 m while the measurement response is obtained from a foot-
print which is typically 50 m. Standard inversion of the EM response
assumes that the ice has uniform thickness and zero conductivity un-
der the footprint. Neither holds for the roughly triangular ridge keels
as their porous lower parts are permeable to electric currents. This
results into underestimation of keel depths with 50 % or even more
(Pfaffhuber et al. 2012) and also to underestimation of the total vol-
ume of ice.”



page 7, line 17-18. This sentance is a little awkward. How about: ”Mid-basin
in the Bay of Bothnia, the level ice thickness reached 60 cm with somewhat de-
creased ridging compared to the average winter with similar wind conditions.”
Agreed. Replaced the old sentence with the suggested one: ”In mid-
basin of the Bay of Bothnia, the level ice thickness reached 60 cm
with somewhat decreased ridging compared to the average winter
with similar wind conditions.”

page 7, line 24: ”surface profiles”
Corrected.

page 7, line 25: ”with the Rayleigh criterion”
Corrected.

page 7, line 29: Might be clearer if you write out ”per kilometer”.
Corrected as suggested.

Regarding the lidar data collected in previous years: Is this data collected
in similar locations and ice type classifications from year to year? Where the
field campaigns at the same time of year?

”To provide interannual variation for the HEM campaign based re-
sults of Section 4.1, we use data from the 1988 campaign and from
three other campaigns in 1993, 1994 and 1997, summarized in Lensu
(2003). The 1993 campaign was made in February and the others in
March. They measured in total 1600 km of surface profiles. The 1988
campaign covers the whole Bay of Bothnia, the 1994 campaign covers
it in the S-N direction while the 1993 and 1997 campaigns cover the
NE quadrant of the basin.”

The above paragraph is added also in Section 2.4.

page 8, line 7: ”To the densities ....”. Rephrase this sentance. ” The densities
are mostly affected by the windiness of the season ....” What do you mean by
windiness? How do you quantify this?
We replaced the sentence with: ”The densities are affected mostly by
the number of days with strong winds during the earlier stages of the
season, when ice is less resistant to the deformation. The threshold
wind speed for the onset of deformation is usually 14-16 m/s.”

page 8, line 15: It is not easy on the reader to say ”0.2 m above cutoff”.
Perhaps state ”the average sail height, for sails above 0.4m, is 0.6m in the Bay
of Bothnia.”
Replaced the sentence with: "However, as a first approximation, the
average height of sails exceeding 0.4 m can be assumed to be 0.6 m
in the Bay of Bothnia.”

page 9, line 9: ”typically consisting of optical sensors”. You do not need two
”or” in this sentance.

Corrected.

page 9, line 11: I don’t think you need to mention DIR 5 here, as it was



introduced earlier and their you can mention it is not included in the analysis.
True. We have removed that part of sentence.

page 9, line 11: ”does not” — ”do not”
Corrected.

page 9, line 13: Does disregarding ice charts that do not agree with coincident
SAR analysis bias your study? Where you always sure that the disagreement
was due to different information going into the manual analysis? Please clarify
that you are only rejecting data for which you have evidence that the manual
classification is wrong.
The SAR - chart data pairs in disagreement were found on random
days, thus their rejection should not create a systematic bias in the
classification result. Regarding the selection of the coincident SAR
- chart data, we have only rejected those pairs that contained ”visu-
ally” at least one DIR class assigned differently to a similar region
from other days.

page 9, line 25: ”there were still a few cases”
Corrected.

page 9, line 26: ” These differences .... ”. This sentance is awkward. Rephrase.

Below is the new text: ”In some other cases, the disagreements
were clearly visible. If the DIR values assigned in the ice chart for
a specific SAR texture region were consistent on muliple occasions,
the exception pair was eliminated being considered inadequate for
the classification.”

page 9, line 32: ”over the Bay of Bothnia”
Corrected.

page 10, top paragraph: Can you comment on whether it was the aquistion

of visual observations, for example, that improved the DIR classification in these
two examples? Also, proof read this paragraph for awkward grammar.
Only visual DIR classification was used here. The change in the vi-
sually assigned DIR values may be because of a different ice analyst
interpreting the SAR image content or due to some additional mes-
sages from the icebreakers.

We replaced P 10 L 5-8 with the following text: ”For ship naviga-
tion, the low ice ridging classes (DIR 1 and 2) do not likely pose any
real concern. Therefore, if they are assigned differently in different
days, the shipping is not affected much. On the other hand, for the
automatic classifier this is a confusing case, that leads to a decrease
in discrimination power between the two ridging categories.”

page 10, line 19-20: What is a feature vector? Either state this is described
later, or briefly explain.
Added text prior Section 3.1: ”Then for each segment is computed
a set of SAR texture features which are related to the ice ridging



information. Their definitions are given below in Section 3.1. The
vector with features as its components is called a feature vector.”

page 10, line 35: should there be an ”and” rather than a semicolon between
the citations?
Corrected.

page 11, line 2: ”The Markov Random Field (MRF) approach ...”
Corrected.

page 11, line 19: "algorithm”, one too many ifs
pagel2, line 19: Corrected.

page 11, line 24: remove "the” from "the Fig. 4”.
pagel2, line 24: Corrected.

page 11, section 3.2, first paragraph: It is unclear what ”SAR features” are
when they are first mentioned. Perhaps you can say ”Twelve features are ex-
tracted for each segment from the SAR backscatter data. These are refered to
as SAR features from here on.”
page 12, The concept of a SAR feature was defined in P 12 LL 25 just
prior the Section 3.2.

page 14, line 8: ”which fragments we assume” — ”which we assume”
Corrected.

page 14, line 10: Kurtosis repeated. Remove one.
Corrected.

page 14, line 13: ”In Fig. 5”
Corrected.

b2

page 14, line 17: 7 we found that”, remove ”out”

Corrected.

page 14, line 21: is "also” needed here?
Removed ”also”.

page 14, line 28: ”and the notations used in this algorithm”
Corrected.

page 15, line 26: ”prevents the same features from dominating every tree”
Corrected.

page 16, table at top, item 1(b): ”to the bootstrapped data” should "to” be
7 with”?
Yes. Corrected.

page 16, line 21: ”from the computed 13 features introduced in Section 3.2.”
Corrected.



page 17, line 34: ”In summary ...”
”In” was there, at Page 17, line 25.

page 17, line 35: missing "and” before "iii)”.
Corrected.

page 19, line 28: ”We concentrated our analysis on the areas ...”
Corrected.

page 19, line 29: ”..
Corrected.

. can impact the backscattering statistics ...”

page 21, line 32: 7 Data of all three months ...”
Corrected.

page 21, line 18: ” In none of the months was DIR 2 successfully detected
due ...”
Corrected.

page 21, line 22: ”were usually identified except”. "well found” is non-
sensical.
Corrected.

Check that the figures are referenced in order. I think fig. 12 is discussed
before fig. 11 for example.
Fig. 11 was mentioned earlier in the context of the segmentation in
P 12 L 24. The logical order of the figures is that the SAR mosaic
(Fig. 11) precedes the classification result (Fig. 12).

page 21: Can you comment on the fact that the autonomous algorithm miss-
classifies ice edges from cracks and leads and ridges. Or am I missinterpreting
this?
Ice edges are identified using the sea ice concentration information.
We have not noticed any particular problems in their classification.
E.g. if leads and cracks are large enough, then they form segments
of their own which were usually well detected. It may be that we did
not understood well the point in your question.

page 22, line 22: ”... better segmentation accuracy ...”
Corrected.

page 23, line 29: what is "importance value”. I think this statement is suf-
fering from gramatical problems.
The importance measure is explained in P 16 L 10-12 in Section 3.3.2.
We add there a new sentence. ”The value of the importance measure
is called an importance value.” Now the lines read: ”Because an en-
semble of trees was used in RF and a large amount of features were
utilized, the results were hard to interpret. To analyse the impact of
different features on the class estimation the importance measure was



used. The value of the importance measure is called an importance
value. This measure is implemented as follows:” The sentence in P
23 L 29 is corrected to: ”The selection of the eight features in Section
3.3.2 was based on their importance value (see Section 3.3.2).

Check the order Tables are addressed in the text. I think Table 1 is first
mentioned after tables 2 and 3, on page 23.
Table 1 is relabelled as Table 3 and tables 2 and 3 as tables 1 and 2.

page 23, line 5: remove the from ”the feature reduction”
Corrected.

page 23, line 7: ”In none of the cases did the classification accuracy improve
”

Corrected.

page 23, line 8: ”.... decreased by just a few ...”
Corrected.

page 24, line 17: ”... a smaller DIR value is often assigned ...”
Corrected.

page 24, line 19: ”This is especially true for DIR 2.”
Corrected.

page 24, line 20: Surely it is a problem for automatically generated charts
that SAR imagery might not have been provided to the FIS in time for daily
charts to be produced? Rephrase the last sentance in this paragraph, it is a
littel awkward.
‘We have removed the last sentence from this paragraph. We consider
that it is not an important addition to the discussion in this para-
graph.

page 24, line 23/24: ”from the easier navagatable ones”
Corrected.

page 24, line 24: ”... relies on SAR image ...”
Corrected.

Based on your finding of the incosistency in classifying DIR 2, would you
say this is a useful classification band to keep in the DIR scheme?
The inconsistency of DIR 2 (slightly ridged ice) between the auto-
mated classification and the FIS charts is usually a result of the sub-
jective assessment of an ice analyst as indicated in P 24 L. 19. Hence
we do not regard the high misclassification rate for DIR 2 alarming.
If DIR 2 would not exist, then only two different ridging categories
would appear. An ice analyst would probably assign the current
DIR 2 polygons to level ice and in doing so would confuse further
the separation between level ice and ridged ice. This would affect the
accuracy of the automatic classification because it would be harder to



discriminate reliably between level and ridged ice. This information
would therefore be lost. Therefore, we think that our classification
benefits from the inclusion of the DIR 2 category. We also believe
that the existence of the DIR 2 category is important in the Arctic
application

page 24, line 31: ”"between ridged areas” 777
page 25, line 31: Corrected.

page 25, line 33: ”The area of level ice always exceeded ...”
Corrected.

page 25, line 20: ”seams” is a very subjective word to use here. It is also
used twice in the same sentence.
Rephrased: ”Our approach works best in the Baltic Sea when the
evolution of winter has passed the freezing phase and a significant
amount of ridging has occurred.”

Can tables 3-7 be combined into a single table? Prehaps with multiple pan-
els?
We merged tables 4-7 into one. Table 3 has a different layout than
the others, so was left unchanged.

Figure 3 caption: degree of ice ridging is capatalised throughout the manuscript
text.
Corrected.

The readership of The Cryosphere is more general than this articles intended
audience. I believe that the analysis you have presented in useful for extract-
ing information about surface roughness from SAR C-band imagery. As such
your article may be of wider interest than the operational ice charting commu-
nity. Would you be able to provide some additional context in the introduction
and/or conclusion sections to demonstrate the wider applicability of your re-
sults? For example, can your methods be extended to investigate changes in
surface roughtness, ridging throughout the Arctic? Are there any impediments
to this?

Finally, while you state that the method could be applied to the Arctic
Ocean as a whole, how do you know that your methodology is not dependent
on the relatively fresh and thin (therefore smaller block size in ridges) nature
of the ice in the Baltic? Can the method identify weathered ridges that have
survived a summer? I agree that the methodology will be useful for other ice
services to impliment, in seasonal ice zones. I would like the paper to be more
accessible to the general readership of the cryosphere who may be interested in
variability of ridging in the seasonal ice zone.

We have plans to extend our algorithm to the Arctic Ocean, where
there is a high demand for reliable ice information for independently
navigating merchant vessels. Harsh ice conditions, as those in March
2013 in this study, prevail much longer in the Arctic seasonal ice
regime than in the Baltic. The consistent availability of DIR charts
in Arctic would enable the monitoring of areal evolution of different

10



ridging intensity categories. An automated DIR chart utilizing fine
resolution SAR data and classifying the suitability of different areas
for navigation would benefit all Arctic shipping.

The ice ridging and its backscattering mechanisms are similar in
the Baltic and Arctic. In general, Arctic sea ice is thicker and ridges
can be larger than in the Baltic. However, the backscattering in-
creases as a function of the surface roughness in both areas. We have
visually inspected SAR imagery over seasonal sea ice in Barents and
Kara seas and the look similar than corresponding imagery over the
Baltic. This builds confidence that our algorithm, with possible minor
adjustments, should be applicable to the Arctic first year ice. Never-
theless, the possible applicability of the method to the multi-year ice
areas must be studied separately.

11



Estimation of Degree of Sea Ice Ridging Based on Dual-Polarized
C-band SAR Data

Alexandru Gegiuc, Markku Simild, Juha Karvonen, Mikko Lensu, Marko Mékynen, and Jouni Vainio
Finnish Meteorological Institute(FMI), Marine Research, Erik Palménin aukio 1, 00560 Helsinki, Finland

Correspondence to: Alexandru Gegiuc (alexandru.gegiuc @fmi.fi)

Abstract.
For navigation-in-ship navigation in the Baltic Sea iceduring-winter-seasen, parameters such as ice edge, ice concentration,
ice thickness ;iee-drift-and degree of ridging are usually reported daily in the-manuallypreparedtee-Charts;-which-provide

ieebreakers-essentatl-manually prepared ice charts. These charts provide icebreakers essential information for route optimiza-
5 tion and fuel calculations. However, manual ice charting requires long analysis times and detailed analysis is-net-possible-for

large-seale-maps-of large areas (e.g. Arctic Ocean) is not feasible. Here, we propose a method for automatic estimation of
degree-of ridging-density-the degree of ice ridging in the Baltic Sea region, based on RADARSAT-2 C-band dual-polarized
(HH/HV channels) SAR texture features and the-sea ice concentration information extracted from the Finnish lee-Chartsice
charts. The SAR images were first segmented and then several texture features were extracted for each segment. Using the
10 Random Forest classification method, we classified them into four classes of ridging intensity and compared them to the ref-
erence data extracted from the digitized fee-Chartsice charts. The overall agreement between the ice chart based degree of ice
ridging {BHR)-and the automated results varied monthly, being 83 %, 63 % and 81 % in January, February and March 2013,
respectively. The correspondence between the degree of ice riding-of-the-mantualdee-Chartstidging reported in the ice charts

and the actual ridge density was good-when-this-issue-was-stadied-based-on-an-extensive-field-eampaign-data-validated with

15 data collected during a field campaign in March 2011. In principle the method can be applicable to the seasonal sea ice regime

in the Arctic Ocean.

1 Introduction

Navigation in sea ice is naturally-hampered by rapid changes in the envirenmental-sea ice conditions. Thus, it is essential for

winter time shipping and off-shore operations to get reliable and up-to-date information on the prevailing ice conditions. The

20 most important sea ice related-information-parameters are the location of the sea-ice edge, sea-ice types, sea-thicknessand

concentration-and-sea-icedeformationice thickness, concentration and the amount of ridged ice. Without detailed sea ice infor-
mation, navigating through heavily ridged sea ice is very-diffieult-and-time-consuming-difficult or even impossible.

The Baltic Sea is a semi-enclosed brackish sea water basin in the Northern Europe. The ice cover in the Baltic Sea usually be-

gins to form in November, and has its largest extent between January and March -Seiné-and-Peltela(19941)(Seind and Peltola, 1991
25 . The normal ice-break-up-melting season starts in April, and the ice melts completely by the beginning of June. The maximum
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annual ice eover-extent ranges from 12% to 100% of the whole Baltic Sea area -and-the-average-is-with an average of 40%
oeind-and-Patosuo-(1996)(Seind and Palosuo, 1996). During the last decades there-has-prevailed-a clear decreasing trend can
be seen in the maximum ice extent although the trend has not yet been a subject for a detailed investigation. The sea ice in
the Baltic Sea can be divided into fast ice and drift ice. Fast ice appears in the coastal and archipelago areas. Drift ice has
a dynamic nature due to forcing by winds and currents—The-motion-of-drift-iee-, which results in an uneven and-broken ice
field with distinct floesup-te-several-kilometers-in-diameter, leads and cracks, brash ice barriers, rafted ice and ice ridges. The
upper limit for thermodynamically grown ice in the drift ice zone is 70 cm or less during most winters ;Palosuo-et-alA(1982)-
Fhe-thickness-(Palosuo et al., 1982) while the keel depth of ice ridges is typically 5 to 15m;Eeppiranta-and-Hakala-(1992) m
(Leppiranta and Hakala, 1992). The salinity of the Baltic Sea ice is typically only from 0.2 to 2 %o depending on the location,
time, and weather history —HaHfikainen-(1992)—(Hallikainen, 1992). The low salinity level affects the radar signal response

from satellite imagery, resulting in more volume and less surface scattering of the incident signal.
Synthetic Aperture Radar (SAR) satellites such as RADARSAT-2 (RS-2) and Sentinel-1 (S-1) play a major role in opera-

tionally monitoring the ice conditions in Baltie-Sea-every-winterthe Baltic Sea. SAR imaging is practically independent of the
atmosphere conditions (e.g. cloud cover) and solar illumination ;-and-thus;can-be-used-in-continuous-automated-and therefore
suitable for operative sea ice monitoring. However, radar-as backscatter information in the SAR imagery cannot easily be

direetly-linked to the different ice typeserice-properties-at-a-givenloeation;-and-, the expertise of an trained ice analyst is then

usually required.
In the Baltic Sea, daily ice charts prepared by the Finnish Ice Service (FIS) analysts in-winter-time-provide a daily source of

information upon the ice conditionsby

o oOns. e-. The charts divide the ice cover into polygons for
which ice types and properties are assigned. The analysis is based on visual interpretation of the SAR imagery as the principal
source of ice information. Currently, RS-2 and S-1 C-band SAR imagery with a wide coverage (e.g. RS-2 ScanSAR Wide

Mode with 500 by 500 km image size) are used. The SAR imagery is complemented by visible and thermal infrared imagery
from e.g. Moderate Resolution Imaging Spectroradiometer (MODIS), in-situ observations, sea ice information messages from
icebreakers, and data from sea ice models. —The ice chart polygons are-defined by the ice analysts and-theyrepresentuniform
represent ice areas with similar ice parameterscharacteristics. Parameters assigned for each polygon are ice concentration,
average level ice thicknessrange-and-average, maximum and minimum level ice thickness, and the the degree of ice ridging
(DIR) which is a numeral classifying the ice into five categories, as explained in the section 2.2. The FIS ice analysts estimate
the DIR eategory-mainty-using-the-values mainly using SAR imagery, and with additional information on the ice drift based on
successive SAR images and results of sea ice models(Figure-1). The main criteria for the visual DIR estimation from the SAR

imagery are the SAR backscattering and its visible patterns (SAR texture) (see Fig. 1).

Typically, the ice situation changes little from one day to the next. Hence, when drawing a new ice chart, the ice analysts are
using the latest chart as the basis for the new one, and only adjusting the polygon contours and their assigned DIR values to
match the new ice situation, This procedure speeds up the process of ice charting but may also introduce a bias if old polygons
are used. The quality of the displayed SAR features of sea ice (e.g. magnitude of contrast/intensity, amount of radar noise),
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the analyst’s experience and their style of drawing (more detailed or less detailed) can contribute further to inconsistencies in

the finalized ice chart.

In this paper we propose an-attomation-of-a method to automatize the DIR estimation process based on RadarSat-2-RS-2

dual-polarized (HH/HV) €-band-SAR-data—using-data-SAR data acquired under cold conditions during-the-winter-season
2042-2613-and using the FIS lee-Charts-ice charts as reference data. In-Seetion2-1—we-will-diseuss-on-The results are then
evaluated together with the ice analysts. We don’t expect a perfect match between the automatic chart and the manual one.
The polygons in the manual charts suppress variation for the small-scale features and merge them into one DIR category.
Here we aim to produce a more detailed DIR chart, which closely follows the SAR texture features of sea ice ridges, edges,
cracks and leads. This would allow the icebreakers and non-icebreaker vessels to benefit from it in advance route planning and
optimization, by taking advantage of the sea ice passages within ridged ice areas. Manual ice charting should also benefit from

a more detailed and automated DIR map which can serve as basis layer for the final ice chart.
In section 2.2 we will describe the different DIR categories used by FIS. As a tool in the DIR classification we use the

Random Forest (RF) algorithm which will be explained in detail in Section 3.3. Using the automated classification procedure
we target to-an efficient exploitation of the-RS-2-SAR data and, by means of increased spatial and temporal resolutions, an
improved quality (pixel level accuracy and consistency between different analysts) of the ice charts;-by-means-of-inereased

E‘paﬁ'a aﬁd fempefﬂ £eso HH.GHE'.,\./

2 Data Sets and Processin

Our study area in the Baltic Sea is northward from the latitude of 61° N, covering the entire Bay of Bothnia and most of the
Sea of Bothnia, The time period is the ice season 2012-2013. The most severe ice conditions in 2012-2013 in the Baltic Sea
occurred in our study area. The ice season 20122013 was average but the turning point of the winter was late. The weather
began to cool during the first week of January and the ice extent increased. In the last week of January the strong winds moved
the ice fields and the mild weather melted ice. In the beginning of February the weather remained similar — at night new ice
was formed and then broken by winds during the day. Towards the end of February the weather cooled down and new ice was
formed also in the Gulf of Finland, In the beginning of March cold arctic air started to flow to Scandinavia and the extent of
ice began to grow. The whole March was extremely cold, The 15" of March ice extent reached 177 000 km?, which was the

maximum of the season. From then on, the cold nights formed new ice but sunny days melted it, and the ice extent did not
increase further.

In the following we discuss how in general the C-band backscattering coefficient (6°) of the Baltic Sea ice is related to the
sea ice properties, and especially sea ice ridging. Under cold weather conditions when the snow cover on sea ice is dry the ice

surface scattering has been observed to be the dominant component in the total co-polarized backseattering-measured-byradars
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operating-atC-band-with-0° at incidence angles below 45° -?Dierking-et-al1999)(Carlstrom and Ulander, 1993; Dierking et al., 1999

. If the ice surface is very smooth and salinity < 0.5 psu, which typically is the case for level fast ice in the Baltic Sea, and
then the backscattering from ice-water interface and ice volume is significant. The surface backscattering from level ice is con-
trolled by the statistics of the small-scale roughness as well as the salinity of the ice surface. If sea ice is deformedridged, the
large-scale surface roughness alters the geometry of the surface and, hence, also modifies the-backseatteringo®. Empirical mea-
surements of the Baltic Sea ice C-band SAR-ice-backseattering-coefficient-(o° yhave shown that the variation in the large-scale

surface roughness mostly modulates o° and image texture although changes in the small-scale roughness are also significant 5

?Dierking-et-al{1999); Milkynen-and Hallikainen(2004)(Carlstrom and Ulander, 1993; Dierking et al., 1999; Mikynen and Hallikainen,

The o contrast between level ice and defermed-ridged ice is on average larger at C-band cross-polarization than at co-
polarization ;- Mikynenand-Halikainen(2604)(Mikynen and Hallikainen, 2004). The standard deviation of o° was observed
to be larger for deformed-ridged ice types (mixtures of level ice, ice ridges, rubble) than for level ice types and brash ice
in Mékynen and Hallikainen (2004). Radar-backseatterin-The C-band SAR-imagery-g° is not directly related to the sea ice
thickness, but at least in the Baltic Sea it is possible to estimate the thickness of deformedridged ice under dry snow conditions
through a statistical relationship between ice freeboard, level ice thickness and o —Stmiti-et-ab+2646)(Simild et al., 2010).
The variance of the mean freeboard, i.e. large scale surface roughness, increases with increasing average freeboard, and as the
surface roughness increases o also typically increases. In general, these previous studies on sea ice o signatures have-shown
show that there is a relation between C-band ¢° and DIR, but further studies are needed to better quantify this relation.
sea ice classification systems just perform classification to open water and different ice types, such as new ice, first-year-
ice, multiyear-ice, but DIR is not explicitly estimated in more detail. Classification schemes utilizing 0 and SAR texture

have been presented e.g. in

visual-inspeetion—Karvonen (2004) and Shokr (2009). Sea ice SAR classification using the world meteorological organization

(WMO) ice categories (stage of development) WMO-2610)-(WMO, 2010) has been studied e.g. in Clausi(200); Deng-and-Clausi(2005);
2010); Ochilov and Clausi (2012)

Clausi (2001); Deng and Clausi (2005); Maillard et al. (2005);

2

Yu and Clausi (2007);

3

Clausi et al.

. These approaches are based on the SAR segmentation and different SAR features, including texture ones. Some of the meth-
ods also combine the ice analyst analysis and an automated analysis. A system capable of a semi-automated segmentation and
enhanced classification with a digitized ice chart as an input is presented in Clausi et al. (2010). Fhe-It is noted that the ice

categories in these studies do not either explicitly or uniquely include DIR classification.
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3 DataSets-andProeessing
The Baltie Sea 1012

2.1 RADARSAT-2 SAR imager

The SAR imagery used in this study is RADARSAT-2 ScanSAR Wide (SCWA) dual-polarized imagery with the HH/2043-was

polarization combination. The nominal size of an RS-2 SCWA image is around 500 by 500 km, and the pixel size is 50 m. The
spatial resolution is around 73-163 m by 100 m (range by azimuth). The incidence angle (6) varies from 20 to 49 degrees. The
equivalent number of looks (ENL) is larger than six. The nominal noise floor equivalent o at both HH- and HV-polarization
is around -28 £ 2.5 dB and the absolute accuracy of ¢° is better than 1 dB (MDA, 2014).

The acquired RS-2 SAR imagery covered the whole Baltic Sea. The number of SAR images used in the daily SAR mosaic
over the test area varied from one to three SAR frames per day from January to March in 2013. On some days the SAR mosaic
was updated twice. We selected from these SAR mosaics the training and the test data using the rule that the time gap between a
training and a test mosaic must be at least three days to avoid situations where a same SAR scene would appear both in the test
and the training data set. Hence the training data consisted of S mosaics from January, 4 mosaics from February and 4 mosaics
from March. The test data consisted of 4 mosaics from January, 6 mosaics from February and 3 mosaics from March. Some
mosaics were not used due to the time constraint. The monthly training and test data refers to the mosaics gathered during the
same month, We selected these three months for the development and the test work because then the SAR images were mostly

acquired under dry snow conditions. Hence, the dominant backscattering source was the sea ice surface and we could expect a

statistical relationship between ¢ and DIR as reported in Carlstrom and Ulander (1995); Dierking et al.

The preprocessing of the RS-2 SCWA images consisted of calibration (calculation of 0%, ,; and o¢ , georectification

calculation of the incidence angle fy, and land masking. First the data were rectified into the Mercator projection with 100 m
pixel size. This georectification is compatible with the FIS ice charts and the navigation system of the Finnish and Swedish
icebreakers. In this Mercator projection the reference latitude is 61°40” N.

As the SAR o? is dependent on 0. an incidence angle correction is necessary before the classification of the extent-of-iee

inereased—In-thetast-week-of January-SAR images with wide 6 range, such as RS-2 SCWA images. For the HH-polarization

images, an incidence angle correction method described in Mikynen et al. (2002) was applied. This incidence angle correction

maps the ¢ values using a linear dependence for the ¢ in dB-scale to a predefined f value 67, In this case, the fixed 67 of
30° was used.

At the HV-polarization the SAR ¢ values are close to the instrument noise floor (around -28 dB for RS-2 SCWA mode), and
the noise floor (noise equivalent o) varies along the across-track direction. The noise floor modulates the (low) HV channel

signal leading to clearly visible stripes (artifacts) in the HV imagery. These stripes complicate both the visual and automated

interpretation of the SAR imagery. The HV channel incidence angle dependence and varying noise floor in the range direction

1999); Simild et al. (2001);
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are corrected based on a statistical incidence angle dependence computed for a large number (63) of RS-2 ScanSAR wide
images. Then the incidence angle range is quantized into N bins of 0.01 degrees (6
range. We average the o values from all the 65 images for each ¢;. We denote this average as g2(6). Together these average
values create a o curve Z(0) as a function of the incidence angle over the whole incidence angle range. We consider that each
7°(0) consists of the sum of the average 7, the associated noise floor and the g% decay as a function of the incidence angle. As
we average a large number of values representing different targets for each theta bin, we assume the o° average to be similar
for each bin (i.e. constant over the whole incidence angle range), and then Z(0) also presents a sum of the constant value, the
noise floor as a function of theta and g decay as a function of theta, To minimize the effect of the strong-winds-moved-the

covering the whole incidence angle

of-the-sea-ice-did-notinerease-any-mere—constant value on the correction we then take the mean of all Z(#) values over the
whole range of theta. We denote this mean as Z. Then the whole Z(6) curve is made a zero mean signal by subtracting Z from
7/(0), this zero mean function is denoted by Z(6). The incidence angle corrected backscattering coefficient o2 r,C

is now obtained from each calibrated pi : = where (7, ¢) are the row

and column coordinates of the image grid and 0(r,c) is the corresponding incidecne angle. This correction was proposed in
(Karyonen, 2015).

The equivalent number of looks (ENL), noise equivalent g% and autocorrelation between neighboring pixels in the rectified
images were studied using homogeneous areas of size 3.1x3.1 km visually selected from the images over open water areas
with a weak texture. The ENL was around 9.5 for the whole 0, range. Thus, the radiometric resolution was around 1.2 dB
and the standard deviation (std) of fading was 1.4 dB. The autocorrelation coefficient between the adjacent 100 m pixels was
on the average only 0.18. The land masking was based on the GSHHG (Global Self-Consistent Hierarchical, High-resolution

Geography database from the National Oceanic and Atmospheric Administration, NOAA) coastline data (Wessel and Smith, 1996)

Next, the SAR images were segmented, and the segmentwise features were calculated at the resolution of 100 m, for details
see Sections 3.1 and 3.2. Due to the large size of the SAR images and also the feature images they were downsampled into
300 m resolution. Finally, the daily SAR image and features mosaics were constructed by overlaying all of the SAR data
available for each day, i.c. the latest data is shown in the mosaic. The study area was typically fully covered by RS-2 SAR
imagery every 1 to 2 days.

2.2 Ice charts and degree of ridging

Our reference data set consists of the daily FMI-FIS manual ice charts over the Baltic Sea. In the ice charts the degree of ice

ridging (DIR) is used to eategorisetee-types—classify sea ice in a way that is relevant for the difficulty of navigation. DIR is
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manually assigned as a qualitative numeral, ranging from 1 to 56, to each ice chart polygon. BIR-value-The six DIR categories

used in the operational ice charting in the Baltic Sea, relate to the ridge density variation in an area. The categories are visually
identified through changes both in the o response as well as in textural characteristics in SAR imagery. Their interpretation
is validated through field measurements provided by the several operating icebreakers. The task of assigning a DIR value to
each ice chart polygon is a complex process requiring a good understanding of the history of the current winter season, i.e.
monitoring of changes in the pack ice zone and utilizing the continuous reports on ice conditions provided by the icebreakers.
In our study, we only define four DIR categories by combining the brash ice barriers (WMO, 2010) and the heavily ridged ice
category. The brash ice barriers covered a very small fraction of the sea ice area, so that they couldn’t have been treated as
a distinct category for classification. The very heavily ridged ice field category was not present in our dataset. The four DIR
categories used in this study are defined as follows:

The level-ice area is indicated as DIR 1
ineluded-into- DIRt—Vatues2-and-which usually looks homogenous and smooth in the SAR imagery with low g7 response.
This category includes also slightly rafted ice. The slightly ridged ice category including heavily rafted ice areas is marked
as DIR 2. The ridged and heavily ridged ice areas corresponding to the DIR 3 representtightly ridged-iee-and ridged-iee;

DR a4 PIR 1 ach h | er—-while—thicp oo

was-not-present4, respectively, are recognized by the changes in surface roughness at a larger scale resulting in higher o°
values. As their formation depends on ice pressure, knowledge of the earlier ice and weather conditions is required. The DIR 4

category in our data set —included the few occurrences of brash ice barriers.

By visual inspection of the RS-2 and S-1 SAR wide swath imagery with a spatial resolution of approximately +00m
resotution-100 m it is not possible to describe the ridging intensity quantitatively. However, it is feasible to assign categories of
ridged ice for extended areas for which the actual ridging intensities differ. For seme-justification of the meaningfulness of the
areal DIR values see our comparison with the 2011 field campaign data set in Section 4.1.

The L . . .

The-iee-charts-are-also-ice charts are saved as numerical grids from the ice charting software —Fer-the-gridded-produet
they-are-digitized-into-grids-with a resolution of approximately 1 nautical mile (NM). In the grid format the ice thickness, ice
concentration and DIR value assigned to each ice chart polygon are included. Additionally-The size of a polygon is usually
several hundreds of square kilometers. Additionally, the sea surface open—water—surface-temperature is included in the ice

chart grids. This practice slightly differs from the ice classes defined by the ice charting guidelines in Canadian Ice Service,

MANICE (2005), where the ice is classified based on the stage of development and indicated by the so-called WMO egg codes
FWMO-2010)(WMO, 2010).
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2.3 Surface and thickness profile data on ridged ice

No long-term studies between ice chart degrees-of-ieeridging-DIR and the actual ridging statistics have been earried-out
ublished, although field campaigns to measure ridging in the Bay of Bothnia started already-in-in the late 1970’sby-, First

campaigns used shipborne laser profilers and the first extensive airborne laser profiler campaign was conducted in 1988 ;-see

wis-etalk{1993)—Restultsfrom a ST S 004—and—1997-are-summarised-intensu(2003)—The
campaign-results-diseussed-in-this-paper-are-from-a-campaign-on2-7-(Lewis et al., 1993). To compare DIR categories in the

FIS charts with actual ridging we utilize data collected during helicopterborne profiling campaigns in the Bay of Bothnia. The
main dataset is from the March 2011 campaign with approximately 600 km of measurement lines —TFhen-the-measurements

were-colteeted-by a helicopterborne electromagnetic (HEM) deviee-sensor which combines laser surface profiling and induc-
tive distance measurement to the ice-water interface. Henee—the-The measurement system was similar to that described by
Haas et al. (2009). The HEM measurements give a-as comprehensive understanding on ridging as is obtainable from linear
profiles —Fhey-(see Fig. 2). The two profiles provide the total thicknessand-the-horizontal-resolution-of-the- EM-instrument-is

alsosufficient for resolving ridge keels—Haas-et-al2009)=, and the surface laser profile resolves ridge sails. The measurement
spacing of the HEM instrument is 3—4 m while the measurement response is obtained from a footprint which is typically 50 m.
Standard inversion of the EM response assumes that the ice has uniform thickness and zero conductivity under the footprint.
Neither holds for the roughly triangular ridge keels as their porous lower parts are permeable to electric currents. This results
into underestimation of keel depths with 50 % or even more (Pfaffhuber et al., 2012) and also to underestimation of the total

volume of ice._
The ice season 20+0-26++2010-2011 was severe, with a maximum ice extent of 309 000 km?. In mid-basin of the Bay of
Bothniamid—basin-pack-, the level ice thicknesses-thickness reached 60em-which- cm with somewhat decreased ridging from

what-would-have-been-expeeted-during-an-compared to the average winter with similar wind conditions. Theridging-generally

To provide interannual variation for the HEM campaign based results of Section 4.1, we use data from the 1988 campaign
and from three other campaigns in 1993, 1994 and 1997, summarized in Lensu (2003). The 1993 campaign was made in
February and the others in March. They measured in total 1600 km of surface profiles. The 1988 campaign covers the whole
Bay of Bothniaand-towards fastiee-edge, the 1994 campaign covers itin the S-N direction while the 1993 and 1997 campaigns
cover the NE quadrant of the basin. From the profile data ridge sails are selected with the Rayleigh criterion: to include the
shallower one of two adjacent sails its height must be at least twice the minimum elevation between the sails. In addition, cutoff
height is imposed. From the sail data the variation in ridge density, or the number of ridge sails per kilometer, and sail height
can be determined. The ridge densities were 6.4, 7.3, 5.3 and the i

2.4 SAR-image-mosaies
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HH?26.7 per kilometer for the 88, 93, 94 and 97 campaigns respectively. The the sail height shows less variation, from 0.58 m
to 0.66 m. The densities are affected mostly by the number of days with strong winds during the earlier stages of the season
when ice is less resistant to the deformation. The threshold wind speed for the onset of deformation is usually 14—16 m/HV

spatial-reselutionis-areund-73-+63-m-by-s. The average values obscure the large regional variance in ridge density. It typicall
increases when moving towards north and east. Coastal ridge fields are often created by the closing of refrozen coastal leads
and can be continuous rubble fields with densities up to 100 m—range-by-azimuth)—The-ineidence—angle(#%)variesfrom

O-to-40-desree ba aquivalant meabas o o

northward-from-the atitude-of-61°N;covering-the-entire-per kilometer. Sail height depends on the average ice thickness of the
basin. Also the presence of snow reduces the heights in the profile data with a value equaling to the snow thickness. However.
as a first approximation, the average height of sails exceeding 0.4 m can be assumed to be 0.6 m in the Bay of Bothniaand

H-profile data it must be taken into
account that a considerable fraction of ridges fall below the cutoff. Moreover, the sail heights are sampled from random
crossings and include also shallower sections of the sails. In situ field measurements usually select the highest point of the sail
and the observed heights are typically 1-3 m and drilled keel depths 5-15 m (Kankaanpéd, 1997).
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TFhen-the-texture features of sea ice, they need to be consistent with the degree of ridging values assigned for each class in the
ice chart for the whole training data set. This consistency however cannot be assured by the current ice charting process, because
of two main reasons. Firstly, the SAR tmas B ; : : i ; i

was-around--2-dB-and-To minimize the subjective bias and maximize the consistency between the texture features present in
the daily SAR mosaics and the allocated ridging class in the corresponding ice charts, we used only those SAR - chart pairs
which agree with each other on a daily basis to a decent degree and rejected all others. This was performed by examining every.
DIR chart during the whole test period from 1% January 2013 to 31% March 2013 and compare it visually to the corresponding
SAR mosaic. To visually compare the sea ice texture features in SAR imagery and evaluate their correspondence to the correct
ice class in the FIS charts is not a straightforward task when performed by a non-trained analyst, However, after inspecting

efcomparison was much easier and there were several cases when at least one major disagreement was found. Some of these
disagreements arose and were confirmed to have appeared from the lack of fresh SAR imagery at the time of ice charting. In

some other cases, the dai
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disagreements were clearly
visible. If the DIR values assigned in the ice chart for a specific SAR texture region were consistent on muliple occasions, the
exception pair was eliminated being considered inadequate for the classification. An example of the data selection procedure is
presented in Fig. 3, where we show two SAR - chart pairs from 9" and 12" March 2013 over the Bay of Bothnia and northern
part of the Bothnian Sea. Here, the two daily SAR mosaics show visually similar texture features with very small differences.
In spite of that, the corresponding DIR charts show a change in class from slightly ridged ice of class 2 on 9" March to
the west coast near the fast ice region. For ship navigation, the low ice ridging classes (DIR 1 and 2) do not likely pose any.
real concern. Therefore, if they are assigned differently in different days, the shipping is not affected much. On the other hand,
for the automatic classifier this is a confusing case, that leads to a decrease in discrimination power between the two ridging
categories. A similar effect can be seen in the more central to southern part of Bay of Bothnia, where the heavily ridged ice of

class 4 on 9" March has changed to class 2 on 12" March. In this case, we have accepted only the data pair from 12" March
March). In this

level-ice of class 1

as good pair, because this was found more consistent with the classification from multiple days (i.e. 13™ 14%

case, the navigation in those areas might suffer.

iee-chartsin-In the end, our selection of daily SAR mosaics and FIS DIR charts pairs resulted in a total of 11 pairs in January,
15 in February and +2-only 8 in March. All other data was rejected from the classification due to inconsistencies in at least one
DIR class assigned to the corresponsing SAR mosaic region or the time gap restriction (see Section 2.2).

3 Methodology for estimation of the degree of ice ridging

Our classification procedure consists of two stages. First, we segment the SAR imagery. The primary goal in the segmentation
is that the resulting segments would mainly be composed of one DIR category. Then for each segment we compute a set of
SAR texture features which are related to the ice ridging information. Their definitions are given below in Section 3.1. The
vector with the computed features as its components is called a feature vector, The second stage is to classify every segment
based on the feature vector and assign one DIR category label to each segment. Hence, a successful classification requires that
the segmentation succeeds, the features are meaningful and the feature based classification is efficient.

3.1 SAR Image segmentation

In order to perform the segmentation we combined the HH- and HV-polarized RS-2 SCWA images data-using the Princi-
pal Component Analysis (PCA) technique. PCA is a statistical procedure that uses an orthogonal transformation to convert
an image of possibly correlated pixel values into an image of linearly uncorrelated pixels. The values of these pixels are

called principal component scores. We selected the first PCA image (corresponding to the largest PCA eigenvalue) for the

11
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segmentation because it explains most of the variation contained in the HH- and HV-images. This allowed us to speed up the
segmentation process which for large SAR data sets requires a considerable amount of time and computing resources.

For the data segmentation, there are many algorithms available, but very few that can work well with SAR imagery because

of the small dynamic ¢
notexista-o° range. A clear separation between different sea ice types based on the magnitude of #%-¢° does not exist, and
the presence of the speckle comphcates the segmentation task further. Wegme%&&ewe«t&me&ted&e—k&l%

ith-Here we have used
a Markov Random Field approach ;-Rue-and-Held-(2605);-(Rue and Held, 2005), and optimized with an Modified Metropo-

lis Dynamics algorithm, similar as in Kate-et-al-{1992); Kato-(1994); Berthed-et-al-(1996)Kato et al. (1992); Kato (1994) and
Berthod et al. (1996). This stochastic method has been demonstrated to provide a better segmentation than a deterministic one,

e.g. Iterated Conditional Mode (ICM) by Besag (1974))fer-typicat, for seaice SAR imagery -Ochilov-and-Clausi(2642); Deng-and-Claust

—(Ochilov and Clausi, 2012; Deng and Clausi, 2004, 2005). The Markov Random Field (MRF) approach relies less on the ini-

tial segmentation than ICM, and also takes into account the global and local statistics of a pixel. This guarantees that pixels
with similar intensities would not be treated in the same way in different regions of an image I, if the local spatial interactions
differ in the two regions.

For example, to select the best new label Lfora group of neighborhood pixels (eliquesclique) in a site .5, is equivalent to
maximize the probability distribution of labels in site-sthe site, conditioned by the a-priori label (L) (Besag, 1974). In other
words, Lyjap = argmazreqP(L|F = f)-, where 1 is the set of labels, {F=F)-F = f is feature vector <{Z}-and L is the
segmented result conditioned by the feature vector. For each 59, the cliques potential depends on the local configuration and
type (size, shape, and possibly orientation). For simple cliques (formed by the closest neighbored pixels) in S, their potential

function V. can be reduced to only two states:

Ve(L) = B6(Li, Lj)= +1ifL; = Lj; —1ifL; # L;., (1)

where

V=" ! ! 2)
1 fL#L,.

and the homogenity of the region is controlled by the 3 parameter.

The site’s energy would simply be the sum of all cliques potential:
=Y V(L) 3)
ceC
For more complex cliques (higher order neighbours), their potential would depend on the computed local mean (y:z,, ) and

variance (O‘%S). The labels (classes) would then be represented by Gaussian distributions:

exp _(fs - MLS)Q
FUL QU%S

P(fs|Ls) = )

12
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If we consider the probability distribution of labels in s-S a Markov Random Field with P(L|F = f) > 0, we can also treat
it as a Gibbs form Besag-1+974)(Besag, 1974) :

P(L) = Jeap(~ Y VilD), )
ceC

where Z is the normalization constant and V..(L) is the clique’s potential for the current label state.

For this example the (logarithmic) energy is

(fs - ,ULS)2
20%

U(L) =) (log((2m)"/?01,) +

s

+> B6(ws,wy).. (6)

anc-Then the best new label for each site 5 is determined

by the minimization of its computed energy:

P(LIF=f)= %exp(fU(L)) — Larap = argmax; P(L|F = f) = argmin, U(L). (7

These kind of functions can then-be optimized by various methods, one being the simulated annealing method Kirkpatrick-et-al(1983)

+Cerny-1985)-(Kirkpatrick et al., 1983) (Cerny, 1985), where a slow decrease in the probability of accepting worse solutions

occurs as the algorithm searches the solution space. The method used here is an adaptation of the Metropolis-Hastings al-
gorithm introduced in Metropolis et al. (1953) or shortly Metropolis algorithm which was created as a Monte Carlo method
to generate sample states of a thermodynamic system. In the algorithm the labeling is also dependent on the control variable
called temperature 7'. If the energy function U(L) value increases, the label is changed with a probability dependent on 7" and
increase of U(L) (exp (—AU/T)).

To perform the MRF segmentation, we first need to initialize the Gaussian parameters for the labels and also the number of
labels. This is performed automatically for each SAR image separately. First the histogram of the SAR image is computed, and
then the Expectation-Maximization (EM) ;- Bempster-et-al-1977)-(Dempster et al., 1977), algorithm is applied to decompose
the histogram into a Gaussian decomposition. The number of Gaussians in the decomposition is initialized to a small minimum
value, e.g. two, and then iteratively increased until the EM decomposition and the histogram are similar enough with each
other. We measure the similarity by the coefficient of correlation . We stop the EM-algoritm if eitherr exceeds +0.97erifwe
case we limit it to nine maximum allowed classes. We initially label the image pixels based on the EM classification, i.e. we
assign the label with highest probability of the N different Gaussian distributions G () for a pixel. After this labeling scheme
we can run the MRF segmentation.

Here, we have applied the segmentation on the first PCA component image. An example of segmentation result for the Bay
of Bothnia region is shown in Fig.4- 4 and Fig. 11 together with the original HH and HV SAR mosaics.

The next step in the SAR analysis was-is to compute several SAR quantities-statistics (features) for the obtained segments.

3.2 SAR image features

13



Using-the-We studied the classification of DIR categories using the computed SAR features and the DIR values from FMI ice
chartswe-studied-the-elassification-of DIR-—categoriesfor-our-test-period-. The following SAR features were computed from the
SAR images with 100 m pixel size, and their efficiency in the DIR classification was studied. Each feature value is a median
value of the feature computed over a single segment. Their-abbreviations-are-inside-the-brackets:

10 1.

15 5.

20 9.

10.

11.

25 12.

13.

HH-band-HH polarization SAR backscattering coefficient (0% ), with incidence angle correction applied.

. HV-band-HV polarization SAR backscattering coefficient (¢%;,), with incidence angle correction and noise level equal-

ization applied.

. HH-band-HH entropy (E'x i), computed for-the-full-resolution-SAR(100m)-in windows with a radius of 5 pixels.

. HV-band-HV entropy (E'rv ), computed for-the-full-reselution-SAR(100m)-in windows with a radius of 5 pixels.

HH-band-HH autocorrelation (ACy ), computed for-the—full-reselution-SAR-(+00m)-in windows with a radius of 5

pixels.

. HV autocorrelation (ACyy ), computed for-the-ful-reselution-SAR(100m1)-in windows with a radius of 5 pixels.

. HH ehannel-coefficient of variation (C'Vy ), computed in full+eselution-for-windows with a radius of 5 pixels).

HV channel-coefficient of variation (C'Vgy ), computed in full-reselution-for-windows with a radius of 5 pixels.

Edge density for HH ehannel-image(E D), scaling: 1000« N. /A (N, is the number of edge pixels and A is the
segment area).

Edge density for HV channel-image(E Dy ), scaling: 1000 * N /A (N, is the number of edge pixels and A is the

segment area).
Segment size (SSZ).

HH-ehannel-HH kurtosis (Kgg), computed in a—windew—with-windows with a radius of 5 pixelsin—the—ful-SAR

HV-channelHYV kurtosis (K gy ), computed in a-windew-with-windows with a radius of 5 pixelsin-thefull-SARresolution.

Additionally we extracted the segment mean of sea ice concentration (SIC) from the FMI ice charts.
Coefficient of variation was computed separately for-HH-and-HV-channels-as

cY =

7 ®)
I

where o is the standard deviation ever-a-data-windew-and y is the mean over the window. Kurtosis is computed as the fourth

5 moment within a-the data window.
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Entropy E s-(Shannon, 1948) was computed as
255
E==> pilog’ps, ©)
k=0

where p;,’s are the proportions of each gray tone k within each-computation-a window. Auto-correlation, ae-Simiti-(1994); Karvonen-et-al—-

AC (Simil4, 1994; Karvonen et al., 2005), was computed as

Yijep U=k, j—1) = up) (1(i,j) — pB)

CA(kJ): |B‘O’2 ?
B

(10)

where I(k,l) is the pixel value at location (k,1). Mean over the directions horizontal, vertical and diagonal directions i.e.
(k,0) =(0,1), (k,1) = (1,0), (k,1) = (1,1) and (k,l) = (1,—1) was used to accomplish directional isotropy. The computation
window is denoted by B.

Edge density D was computed for each segment (separately for-at the HH and HV ehannelspolarizations) after an edge
detection by the Canny algorithm Canny, 1986) as

D =N,/N, (11)

where IV, is the number of edge pixels with a segment and N is the segment size in pixels. The-edges-ean-often-beregarded-as

a n tha ~~ a AR rac on

Most of the features have a straightforward interpretation. Entropy describes how uniformly the HH/HYV values are distributed.
Edge density is a measure for edge fragments present in the segment which we assume to be related to ridging. Coefficient
of variation (CV) describes how fast the standard deviation increases with the mean. We expect that in the ridged areas CV.
is larger than in the homogeneous areas. Kurtosis describes the peakiness of the o distribution. With the aid of the spatial
autocorrelation we can quantify how structured the ice field in question is in the SAR imagery. We expect that more structural
elements appear in the ridged ice than in the level ice where the spatial o variation is more random.

In Fig.5- 5 the computed features for an seleeted-areain-area in the central Bay of Bothnia on 15" March 2013 are shown.

In-theseleeted-areahighty-Moderately and heavily ridged areas are-present-were present here.

3.3 Random forest classification method

After trying several classification methods (local regression, logistic regression, General Additive Regression Model) we found
out-that the random forest (RF) - Breiman(200+);-(Breiman, 2001) approach produced good enough results to be of practical
use. Random forest is an ensemble learning method which can be applied to classification and regression. In RF we artificially
generate several training sets from a single training set at our disposal using bootstrapping, grow a classification tree for each
individual training set, perform classification for each tree and then aggregate the results. The bootstrap aggregation is called
alse-bagging. This technique is efficient to reduce variance in high-variance predictions in the same manner than-as taking an

average of samples is;-in Breiman (2001).
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For the classification of the daily sea ice data we divided our data ef37-days;see-Seetion2-4—-into the training and the test

data sets —Atleas me-gap-of-three-days-wasrequired-between-test-and ring-data-to-avetd-situations-where-the same-SA

—(see Section 2.1).

In our computations we have used the routines included in the commercial software Matlab.

3.3.1 Description of the algorithm

We outline the- RF-algerithm-and-the-usednotations-here the RF classification method and the notations used in this algorithm.

The classes are denoted by C' = {1,...,C'} We have a training set X = {x1,...,2 x5} where each sample x; consists of a feature
vector f; and the corresponding class. When we take a bootstrap sample from X, we denote it Z*. Our bootstrap sample Z*
is of the same size as the original sample, so on average the fraction 63-% of the original samples of X belong to it, the rest
being duplicates s Efron-and-TFibshirani-(1993)(Efron and Tibshirani, 1993). The samples of X left out from Z* (about 37% of
the samples) are called out-of-bag (OOB) samples.

The classification tree is denoted 7, (©,) with b € {1,..., B} and it uses Z* as its training data. Each end node n of T, (©;)
has a class label which is the most frequent class in that node. The parameter ©, characterizes the bth random forest tree in
terms of split variables, split points at each node, and terminal node class label. The class label given by T},(0}) depends on
the feature vector f; which is used as input for the tree. We-denote-it1It is denoted as Cy( fi,©p). We generate B bootstrapped
training sets and relying on every training set we grow a classification tree T,(0y). A classification tree often achieves a rather

low bias if it is grown deep with many nodes without pruning ;Hasti ; Hastie et al., 2011) .

The impurity measure is the Gini index G,

c
G=1-) plcn)?
c=1

where p(c|n) is the proportion of the samples that belong to class ¢ at a particular node n. G indicates how dominant the
class c is in the subtree after the split. A small Gini index value indicates that the subtree contains predominantly observations
from a single class. In the split the feature component of the vector f; with the smallest Gini index is utilised Ripltey-1996)

In classification we record the classes predicted by the ensemble of B trees for a specific feature vector, and take a majority
vote. The most common class is the class predicted by the ensemble. Then the selected class has a smaller uncertainty than
a single classification tree -Hastie-et-al+20+;-(Hastie et al., 2011), because an average has a smaller variance than a single
variable. This is true also for the correlated variables. If B is large enough then the random forest algorithm avoids the tendency
of over fitting the model which often occurs in the context of the decision trees.

The problem with bagging is that the grown trees are correlated. To reduce this correlation the RF has a randomisation step.
When building trees, each time a split in a tree is considered, a random sample of m predictors is chosen as split candidates
from the full set of p predictors (m = 4 and p = 8 here). A new sample of m predictors is taken at each split. This step prevents
the same features to-dominate-from dominating every tree.

The flow of the random forest algorithm is described below.
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Random forest algorithm for classification

1. Forb=1to B:

(a) Draw a bootstrap sample Z* of size N from the training data.

(b) Grow a random-forest tree T3,(©;) te-with the bootstrapped data, by recursively repeating the following steps for
each terminal node of the tree, until the minimum node size is reached.
i. Select m variables at random from the p variables.
ii. Determine the best variable and split-point among the m variables using the Gini index.

iii. Split the node into two daughter nodes.

2. Output the ensemble of trees {Tb(@b)f}.

To classify a new feature vector f,:

Classification: Let C‘b( fn,©Op) be the class prediction of the bth random-forest
tree. Then C’gc(fn) = majority vote {Cy(fn,O04)} 7.

3.3.2 Selection of the features

Because an ensemble of trees was used in RF and a large amount of features were utilized, the results were hard to interpret. To
analyse the impact of different features on the class estimation the importance measure was used. The value of the importance
measure is called an importance value. This measure is implemented as follows—:

For each tree, the classification error on the OOB portion of the data is computed. This gives the baseline error rate for the
tree. Then in the OOB set we randomly permute one feature of the feature vector f; and simultaneously keep fixed the other
features in f;. We note that the marginal sampling distribution of the picked feature remains the same during the permutation.
Fhen-Next, we recalculate the classification error in the OOB set. This classification error is compared to the baseline error.
Usually it is larger than the baseline error. The procedure is repeated for every feature separately. The decrease in classification
rate as a result of this permuting is averaged over all trees, and is used as a measure of the importance of the chosen feature.

To select the features we run the RF algorithm for several feature combinations and for several different training data

sets. The importance of the features as well as the classification accuracy was monitored. This empirical approach lead to

the choice of eight-8 features from the computed 13 features ;—see-Section—3-2—We-ended-—up-using-thefollowing-eight
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RF classification presents the following advantages : i) RF has the ability to describe complex, nonlinear statistical relationships

among variables, ii) RF reduces the uncertainty of the obtained estimate s-and iii) RF reduces the possibility of over fitting.

The greatest weakness in RF is its relatively weak extrapolation property ;Hastieet-al-(204)(Hastie et al., 2011). This
property can be seen from the behaviour of the error rates. The RF classifier has a very low training error rate but the error rates

inereases-increase significantly for the test set.

4 Results
4.1 Ice chart ridging categories vs. measurementssurface and thickness profile data

To-give-us-a-perspeetive-on-We use the March 2011 HEM campaign data to study how well the ridging-DIR categories in the
FIS charts describe the actual rldglngwe%ﬂeﬁe%eﬂ%ﬂ%e—ﬁe}éeampalg&feﬁﬂ%s—%e&mpatgﬂw% Wm
much larger for ridge density than for sail height,
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a navigationally relevant parameter that can be used to calculate icegoing speed of ships. To establish compatibility with the
ice chartand-tee-modet-data,—which-employ-, which employs a 1x1 nautical mile (NM) grid, the ridgingparameters-from-the
helicopterborne-electromagnetie (HEM)-sail density and ridged ice thickness from the March 2011 data were calculated as
averages for the cells of the grid. Here-the-comparison-is-made-There are two different aspects of comparison involved. The
first is the relationship between ridge density and total-thickness—from-HEM-data-andDIR in the ice chart data. The other is
the relationship between ridge density and ridged ice thickness which is in general relevant to the question how well surface
data can represent the total thickness of ice. Thus, the comparison is made between ridge density and DIR and, on the other
hand, the-degree-of-iceriding(PIR)-ofiee-chart-databetween ridged ice thickness and DIR. Although somewhat qualitative
the DIR indices are estimates made by sea ice specialists and refer to the Lagrangian ice chart regions corresponding to
various formation and deformation phases of the ice cover. The reliability or their boundaries is usually high. The DIR value 1,
corresponding level and rafted ice categories, had very small coverage in the data, while DIR 2, the category of slightly ridged
ice, was not found at all. The comparison is therefore made for the DIR values 3 and 4, or moderately and severely-heavily
ridged ice. The sail height retrieved by-HEM-from the profile data was equal for these categories while a clear difference was
found for the ridge densities and totatridged ice thicknesses, see Table 1. This indicates that sueh-arotgh-a rough but reliable
quantification of ridging can be dene-based-on-the-indiees—

based on DIR values only. A more detailed picture can be obtained from comparisons of Figure-6-between-degree-ofiece
ridging-Fig. 6 between DIR and, on the other hand, ridge sail-density and total ice thickness from the HEM-campaign—For

March 2011 data. For the ridge density the colorbar range is chosen to be from 12.7 to 21.5 erwhich are the average densities
corresponding to indices-DIR 3 and 4 in Table-6—Thickness-Fig. 6. Ice thickness colorbar was scaled similarly. Thus, all
values below the lower-averages-averages corresponding to DIR 3 are blue and all values above higher-averages-greenaverages
corresponding to DIR 4 are pink. Above and below the colorbar range the ridge density has still a wide range of variation as is
seen from the histogram of Figure-The-in Figure 6. However, the basic regional characteristics ean-be-seen-are similarly visible

in all three datasets‘heweveféﬂh&spa%h&étsmbuﬁeﬂ—feﬁme«iegfeeﬁ&eeﬂémg In spite of the uttermost simplicity of DIR it

was in a reasonably good agreement with the merboth

ridge density and total thickness. The agreement with DIR was somewhat better for the total ice thickness was—semewhat
better-than-agreement-than for the ridge density;-whieh-, This may be related to the fact that a large fraction of ridingridging
does not show in the density due to the cutoff —The-correspondence-of-sail-but affects the SAR-based and visual estimates

behind DIR values. The generally good agreement between DIR, ridge density and total thickness was-still-goed-however;-asis

navigationally relevant ridging or thickness parameters. The largest differences between the degree of ice riding-ridging and

19



10

15

20

25

30

35

HEM quantities were found in the coastal ridge field extending from 64N-23E-te-SW—64° N 23° E towards SW (see Fig. 2).
Both ridge density and average sail height were lower for this part in comparison with the extension of the same ridge field te
towards NE from the said location. These values were also similar to those found in the mid basin, so the missing separation

of this coastal ridge field into two categories apparent from the HEM data is clearly a shortcoming of the ice chart DIR data.

4.2 Monthly backscattering statistics

We concentrated in-our-analysisin-our analysis on the areas with #&-SIC over 80 %. The-In areas with ice concentration varyin
from 80 % to 90 %, the amount of open water can impact the backscattering statistics significantly, particularly during high

winds. This SIC limitation excluded the marginal ice zone (MIZ) which is defined to consist of ice areas with $&SIC from

15 % be 80 %, see e.g. Strong (2012)-

from our analysis. Almost all areas with $&-ia-thisrange-SIC from 80 % to 90 % belonged to level ice polygons in our data set.
Fhe-In total the level ice category {PIR—=DIR 1 )-covered well over 50 % of all the ice areas during our test period. Beeause
| olution

it was found that the incidence angle dependence of 0%, ;; in logarithmic scale (dB) can be described by a linear model, with

slopes -0.21 dB/degree for ridged ice and -0.25 dB/degree for level ice. It seems that using a slope of -0.23 for all the data
is adequate for automated classification, and the ridged areas and level ice can be distinguished both at near and far range.
Also a more sophisticated approach, iteratively applying different slopes for level ice and ridged ice has been studied in
Karvonen et al. (2002), but the effect on sea ice classification was minor. When inspecting the SAR mosaics visually most of
the SAR frame boundaries were not visible or were hardly visible, indicating successful g7, incidence angle correction. For
open water the correction may not work properly as for open water g signatures depend heavily on wind speed and swell (i.e.,
surface roughness).

For HV channel, the combined incidence angle and noise floor correction is essential. Without this correction the HY.

noise floor is so high (up to about 3 dB) and will cause a significant amount of misclassifications. However, after correction

the HV channel data can be used in classification and we have not by visual inspection observed any significant differences in

near-range and far-range 0%~ for either open water, level ice or ridged ice classes.
We first looked at how the 0%, distribution ehanged-changes monthly from January to March in-the-2013 in two main

ice categories: level ice (HP4F—=1DIR 1) and ridged ice (B+R>1H—DIR>1) (see Fig 7). In the beginning of January

level ice appeared mainly near the coast of the Sea of Bothnia, and the dominance of mostly thin ice in the Sea of Both-

nia continued up to the middle of February whereas in the Bay of Bothnia appeared alse-ridged ice areas throughout the

whole test period. A significant fraction of the level ice pixels had o%;;; value below -18 dB indicating thin smooth ice. ftis

se-For thin ice relatively high 0%, s over -18 dB

According to earlier studies the effect of incidence angle on o for level ice and ridged ice is rather similar, In Mikynen et al. (2002
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have also been observed (Mikynen and Hallikainen, 2004). Also, the presence of the level ice areas with a relatively low SIC

(86—9680-90 %) meant that open water patches affected the level ice backseattering statisties-generating-g% ; yielding both
high and low o%;;; values. The vataes-of-level ice 0%, values above -18 dB were rather-evenly distributed in January. Fhe

baekseattering-fromridged-Ridged ice areas had a large g%, ,; peak at -16.5 dB and most of the remaining pixel values ranged
from -16 dB to -12 dB.

In February level ice 0%, there-still-was—present-still had a sharp peak around -20 dB in-the-level-ice-area-indicating
indicating presence of very thin ice, but most of 0%, values had spread between -16 dB and -11 dB. In the ridged areas a
majority of 0%, ;; values were in the range between -17 dB and -12 dB. The mean and median values of o, ; for level ice areas
and ridged areas were almost identical in January and February. In March the backseattering-0; ;; statistics for level and ridged
areas showed a-clearer-here a clear discrepancy. The level ice o%;;; values were distributed rathereventy-from -20 dB to -10 dB
whereas the 0%, ;; values from ridged areas were concentrated in the range from -15 dB to -11 dB. The average g%, ;; value from
the ridged areas was over 2 dB higher than that of the level ice areas unlike in the-previous months. There was a significant
increase in the magnitude of o%;;; from ridged areas whereas this was not the case for the level ice *value-distributiono ¢y ;.

Based on Fig. 7 it was obvious that the magnitude of 0% ;; alone could not be an efficient predictor in the estimation of the
HFHDIR value in January and February. W

‘We assume that the small separation in the o %; ;; values originating from level ice and deformed-ridged ice during the first two
test months was due to twe-majer-following two main reasons. As mentioned earlier the level ice areas had mostly 1Cless-than
90%SIC less than 90 %. So the backscattering from open water had a significant rele-in-the-ease-of feveliee-contribution to the
level ice 0%, ;. In addition, the level ice area (HP442=1DIR 1) had significant uncertainties in the FMI charts. The ice analysts
responsible for the charts told us that in several cases it was difficult, nearly impossible, to discriminate reliably between level
ice and slightly ridged ice (2442==2DIR 2). In these cases they usually chose the level ice category if the icebreaker reports
did not indicate any difficulties for merchant ships. If thiskind-of-difficulties-were-taking-place;a-these had been reported, a

slightly ridged ice category (DIR 2) was chosen.
Considering the g%, ;; contrast between level and ridged ice areas, the situation changed gradually in February and March

towards a more distinct separation between these ice types. We shall aratyze-analyse the DIR charts separately for the period
of strong thermodynamic growth-(January; Februaryice growth (January—February) and more stable winter conditions (March)
in Section 4.3 .

The examination of the monthly HV-g%;,, distributions, see Fig. 8, confirms our findings for the HH-0¢; ; distribution. In
January and February the values of 0%, from level ice areas were close to the noise floor (—28-28 dB) and ;-henee——too
hence uninformative for a meaningful analysis. In the ridged areas oy, were 2—32-3 dB higher but still in general rather
low indicating a low sea ice surface roughness. In March the HV-g$;, distributions both in level ice areas and ridged areas
were on average about +—=21-2 dB higher than in the previous months. Also the contrast in the backseattering-0%;, between
ridged and level ice was more significant. As-a-conseqtieneeln consequence, the 0%, values affected the classification result

in March but were not useful in the earlier months.

21



10

15

20

25

30

35

4.3 Classification results for several ridging categories

There was a fundamental imbalance between the sample sizes representing level ice and deformed-ridged ice classes. The
samples from all the deformed-ridged ice classes formed about 40 % of the-iee-all samples. If we had required that all the
classes were of equal size in the training data, the amount of observations per ice category would have been low, e.g. less
than 20 % of the level ice samples would have been utilized. When assessing the results we will keep in our mind the highly
different sizes of the ice classes.

We run all our random forest classifications with the same set of tuning parameters for routine TreeBagger Matlab(2016)
(Matlab, 2016). From the set of eight (p = 8) features we randomly chose m = 4 features to be used in a split. Often the value
m = ,/p, i.e. m =3 here, would have been recommended Hastie-et-al—«20++)(Hastie et al., 2011). However, we noted that
slightly better results were obtained with m = 4 for our data set. Another fixed option was that the minimum number of data
points in the end nodes was set to ten. We grew 200 trees during the classification. Results with more decision trees did not
yield any significant improvement of the error rates.

In the first phase we investigated the capacity of the RF classifier to separate between level and deformed-ridged ice. Data
of all the-three months were included in the analyzed-analysed data set. The results are presented in Table 2. The overall
classification rate was 82 % for the whole winter.

Next we examined the classification of all the four ridging categories through the three—menth-three-month period. The
training and test data sets had been selected from each month in our data set. The overall classification rate for the test period
was 71 %. Looking at the confusion matrix in Table 3 we can observe that the level ice category (93 %) had a very high
classification rate. The classification of the three categories for ridged ice was more challenging. The ridged ice elategery
P1R-=3)had-a-—correct-mode-iee-class<category (DIR 3) was classified correctly in 45%)-but-high-misclassification—rate
55%)-and-over-30%- % of the cases but over 30 % of the observations were confused with level ice. The slightly ridged
ice (PFR=2DIR 2) was poorly distinguished. Only in the +5-%-15 % of the cases is was detected correctly. Most samples
“42-%DIR 2 samples (42 %) were assigned to the level ice elass—category which in the light of the previous discussion could
be expected, i.e. the preference among the FIS ice analysts to use level ice category over slightly ridged ice in the manual
ice charts. The ridged ice category with the most accurate classification rate (59-%59 %) was the heavily ridged ice category
DIR=4(DIR 4).

To obtain more information on how the adopted approach works in rapidly changing ice conditions and on the other hand in
more stable winter conditions we classified all three test months separately so that the training and testing data were collected
during the same month. The overall accuracy of the monthly results varied largely being at its lowest in February (63 %),
higher in January (83 %) and March (81 %). The corresponding Cohen’s kappa figures were 0.60 (substantial agreement), 0.52
(moderate agreement) and 0.68 (substantial agreement). The separation between all ice categories was easiest-to-perform-the
best in January (overall accuracy 83 %) where basically just-only three DIR categories appeared. An evidence that the definition
of different DIR categories were inconsistent with each other in January and February was that in these months the detection

rate stayed below 100 % for the training data in the RF classification but it was 100 % for the March training data.
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In each month level ice was the dominant ice category being over 50 % of all ice covered area. The DIR 2 category covered
from 6 % to 19 % of the ice area depending on the month. In none of the months it-was-was DIR 2 successfully detected due
to its ambivalent definition with respect to the DIR 1 category. The DIR 3 category was successfully detected in January when

its areal coverage was large (21 %), and in March when the boundaries between different ice categories were best defined

)
during the test period. The heavily ridged ice fields (DIR= 4) were usually-wellfound-classified well, except in January when
such ridged areas were rare (about 1 %). A possible explanation for the lowest accuracy rate in February was that then the
boundaries between different DIR regions were often visually rather difficult to discern in the SAR imagery according to our
experience. Fig—Figure 9 shows the variation of the detection rate for each DIR category in all the classification results. The
most distinct feature in the results is the consistently poor detection rate for DIR 2.

In Fig. 10 we can see the Baltic Sea ice DIR classification result (left) for a dual-pel-pair-of-SAR-mesaiesfrom-Sth-of
M@L@MQMF%NW 2013 (Fig. 4 top). Also the reference DIR chart is shown for comparison
(bottom-leftright). The automated DIR eharts—chart produced agreed well with the FIS ice charts for DIR values 1 and 3.
However, the automated chart estimated a large fraction of DIR 2 category ice to DIRelass-4—The-DIR-eategories- 4 category.
The automated DIR chart contained detailed markings of the cracks and openings in the central Bay of Bothnia which were
detected-by-the SAR-chartbutnetfromnot present in the FIS chart. We remark that the SAR mosaic W February
looked very similar to the one from7th-ef-on 7" February (two days earlier), when the same cracks / openings can be found,
but the corresponding FIS ice chart DIR showed D/#7=4DIR 4 in the areas to which was now assigned D4/7=3-DIR 3.
This can be taken as an example of the subjectivity which is inherent to the manual ice charts.

There is a good overall agreement between the FIS chart and our DIR classification in Fig. 12. Most of the differences occur
in the Bothnian Sea. There the FIS chart indicates mostly level ice and to some extent slightly ridged ice. On the other hand,
the classification assigned to some FIS level ice areas the ridged ice and heavily ridged ice categories. Based on the SAR HH
and-HV-images-HH- and HV-polarization mosaics (see Fig. 11) those areas represent broken ice fields although the ridging
intensity is hard to assess visually.

The major reason for the success of the classification in March is the better discrimination between the ridged ice and level
ice in March than in the previous months as noted earlier in Section 4.2. The better discrimination property between ridging
ice categories affects the final results in two ways. First, the segment boundaries of the dual-pol SAR imagery follow better
the boundaries of the DIR classes in March (see Fig. 11). Secondly, the segmentwise feature vectors show more variability

between different ridging categories in midwinter. The combination of these two factors determine the accuracy of the final

5 PDiseussi I Conelusi

We studied the success of the segmentation by examining how large fraction of the segments contained practically just one
ridging category. i.e. the area of some ridging category covered over 90 % of the segment area. The results were that in Januar
93 % of the SAR imagery belonged to such segments, in February 80 % and in March 86 %. The high fraction of well defined
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segments in January is easy to understand because most of the ice was level ice (72 % of the area), and just three ridging
categories appeared (the heavily ridged area covered less than 1 %). In February the fraction of level ice has decreased to
33% of the total area, all four ice categories were present and the total area of well defined segments decreased to 80 %. In
March the level ice area covered 59 % of the total area and the area of the well defined segments was 86 %. Hence there was
better segmentation accuracy in March than in February. In that month the total area of correctly classified ridging categories
was 81 %, five percent points less than the total area of the well defined segments. In February the total area of correctly
classified ridging categories was just 63 % which means 17 percent points less than the total area of the well defined segments.
This analysis suggests that the main separating factor contributing to the classification accuracy was due to the more versatile

feature vectors in March,

4.1 Importance of features

The selection of the eight features in Section 3.3.2 was based on their importance value. The features consisted of six
HH:polarization based segment-wise features (see Section 3.2) and the segment-wise o7y, as well as the SIC value extracted
from the FIS ice chart. Their importance order when the training data covered the whole test period is presented in the Table 4.
If the training data of just one month was used the importance order of features varied slightly. The importance of one specific
feature is relative in the sense that it changes when the combination of the used features changes, i.e. the importance of one
feature depends on which other features are included. The feature SIC remained however the most influential feature in every.
case. This is comprehensible because when SIC was between 80 % and 90 %, the ice area in question represented almost always
the level ice category (DIR 1) and the corresponding feature vector was easy to classify correctly. The rather low importance
value of gy, is probably due to the relative narrow range of the g7,y values.

To gain more insight into how the eight selected features affected the classification accuracy, we studied the possibility of
feature reduction using the March data as benchmark. The March data was selected because the diversity of ridging categories
was largest then (see Table 3). We systematically eliminated the selected features one by one and reclassified the March
test data using the remaining features. In none of the cases did the classification accuracy improve with fewer features. For
several removed features (Fyy, s on is-on ' eters h

ain a o-ifa vess A-Pass-or-neo ough-a-block-ofiee ACH 1 by
knowing also-the ship’s-eharacteristies- Subsequently. /g i, 0y ) the classification accuracy decreased by just a few percent
points (13 %). The removal of the 2Dy feature did not practically affect the accuracy at all. A significant misclassification
rate increase was observed by the reduction of the a3, (-6%). CViypy (-8%) and SIC (:12%). In every case the relative
importance of the retained features changed. Hence the importance of the features present in Table 4 is true only in the context
of this specific feature combination.

To see more clearly that the features included in the feature vector complement each other and make the classification more

robust, we classified the March data using only three basic features (f3 = (SIC,0%,0% . The overall accuracy was just

64 %. Then we added the feature C'Vy i to f3 because C'Vypy caused a significant drop in the accuracy. The accuracy remained
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low, only 68 %. Our conclusion is that the information provided by the whole feature set is needed for a good description of
ridged ice field in the SAR imagery. If already a reduction of one feature decreases the classification accuracy, the reduction of
two or more features would degrade the classification further. The only feature which may be unnecessary is £ Dy . It was
also the most heuristic one (see Section 3.2). Because it does not decrease the classification accuracy, we kept it in our feature
combination. We also experimented replacing the HH-polarization based features with their HV-polarization counterparts. This
lead to degradation of the classification accuracy in all of the studied cases.

5 Discussion and Conclusions

The degree of ice ridging is one of the most useful parameters for ice navigating ships. It basically indicates, together with
ship characteristics, whether a vessel can safely pass through an ice field or not. The DIR also complements the PIR—ean
funetion-as-apractical-approximation-for-the-more general Risk index-Index Outcome (RIO)YIMO-(2616)-for-vessels-operating

that-the DIR-parameter-can-be-estimated-rather-well-using-the-, defined by IMO (2016), as this does not address ridging but

relies on WMO categories for the stage of development. We have shown that an automated estimation of the DIR from SAR
texture featuresand-ice-concentration-, together with an ice concentration estimate, performs well when compared to the values

extracted from the manually-prepared-manual FIS ice charts. The used-features-deseribe-versatile-applied features describe
statistics of ¢ variation in the SAR imagery. The-DIR-¢lassification-DIR estimation is a suitable operation—task for a SAR

based approach because the C-band SAR-¢* is sensitive to the large scale surface roughness ;+e-due to ridging.

ipsBoth independentl

operating ships as well as ships relying on icebreaker support operate in ice infested waters. In the Baltic Sea most of the
merchant ships need the-icebreaker assistance. Ships—-However, ships of the highest iee—elassFinnish-Swedish ice class in

the Baltic Sea, 1A Super, which is equivalent to the Polar Class PC 6, are demgned to operate in difficult ice conditions
independently. The FIS ice charts are targ i
ieebreakerprepared to serve operations where ships follow an icebreaker in a convoy. Based on the-discussions with the FIS ice

analysts the following remark ean-be-made=ifis made. If the ice conditions in an area do not pose a realistic risk for icebreakers

to get stuck, m%%&eh%ﬁheyﬁ&m often assigned to smaler-degree-oficeriding;evenif-these
ips—this area even if the area is difficult for independent
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navigation of merchant ships. This is especially true for DIR 2. Hence, the availability of the icebreaker assistance affeets-has
an effect on the DIR classifications in the FIS ice charts.

The primary objective of our DIR classification algorithm is to separate the severe ice conditions from the easier iee
eonditionsnavigable ones. To reach this goal it-relies-onty-on-the-SAR-our DIR classification mainly relies on SAR image
statistics. In some cases this may lead to differences between the FIS ice charts and our classification results because the FIS
charts take into-aceount-the icebreaker factor notseen-into account, which is not present in the SAR imagery. Hence, these two
data sets can be interpreted from slightly different perspectives. An example of this difference is our earlier discussion related

to Fig.

10 and Fig. 12.
One of the essential advantages of the automated DIR charts is that they include leads and small level ice areas between ridged
areas not present in the coarser FIS charts.

We used a two-stage classification system. First, we segmented the dual-pol SAR mosaics. This succeeded slightly differently
for different months. The area of level ice always exceeded 50 % of ice cover. In January it was highest, over 70 %. In that
month 93 % of the segmented area belonged to the segments dominated by one ice category. In February and March the
respective figures were 80 % and 86 %. It should be noted that for January only three DIR categories were present, unlike
for the last two months where all four DIR categories appeared. We can conclude that the SAR signatures matched the DIR 2

charts-but-typically notin-the FIS—eharts—boundaries best in March when the amount of ridging in our test period was at its

maximum,

In the second phase of the classification we classified the segments using segment-wise feature vectors, classifying each

segment to one ridging category. This succeeded best in March (82 %). Then the ridging intensity varied largely in different

regions in our fest area and the resulting texture of the SAR imagery was more versatile than in the other studied months. It
is worth noting that in March the accuracy of the feature based classification was just five percentage points lower than the
total area of the well-defined segments, i.e. the feature based classification succeeded with the RF classifier. This result can be
regarded as a confirmation that the computed features were well suited to describe the ridging in the SAR imagery. In January.
the classification accuracy was at the same level as in March (83 %) but the area covered by the well-defined segments was
much larger, indicating that the feature based classification did not perform as well as in March. In January and February the
ice was thinner and the degree of ridging lower than in March. In these two months the o7, and o7y, distributions from level
ice and ridged ice overlapped substantively. This weak discrimination between level ice and ridged ice can be partly attributed
to the subjective interpretation of the level ice category at FIS as discussed in Section 2.4.
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Qur approach works best in the Baltic Sea when the evolution of winter has passed the freezing phase and a significant
amount of ridging has occurred. Then ridging strongly contributes to the texture of the SAR images.

Before setting up an operational deteetorfor-DIR estimation system over the Baltic Seaarea, we need to test our algorithm
with atJeast-two-more winters data and eptimize-to_optimise it for the best possible result. In an operational mode we can
add-to-our-training-data—the-use the most recent SAR/FIS IC-data—colected-during-days-before-the-day FIS-prepares-itsiee

~and SIC data for the training. Instead of using the SIC information present in the FIS charts we can also use an automated
by the Advanced Microwave Scanning Radiometer 2 (AMSR?2) based ASI sea ice algorithm (Beitsch et al., 2014). The grid
size in the product is 3.125 km. To improve our product during ice forming or melting periods, we can include ice thickness as

Our-algorithm-can-be-extended-foruse-in-We have plans to extend our algorithm to the Arctic Ocean, where there is a higher
high demand for reliable ice information en-prevailing-for independently navigating merchant vessels. Harsh ice conditions,

much longer in the Arctic seasonal ice regime than in the Baltic. The consistent availability of DIR charts in Arctic would
enable the monitoring of areal evolution of different ridging intensity categories. An automated DIR chart utilizing the-fine
resolution-(100-m-orless)-fine resolution SAR data and gualitatively-presenting-classifying the suitability of the-ice-conditions
for-navigation—-would-be-a-remarkable-gainfor-different areas for navigation would benefit all Arctic shipping. E—g—in-the

The ice ridging and its backscattering mechanisms are similar in the Baltic and Arctic. In general, Arctic sea ice is thicker
and ridges can be larger than in the Baltic. However, the backscattering increases as a function of the surface roughness in
both areas. We have visually inspected SAR imagery over seasonal sea ice in Barents and Kara seas and the look similar than
corresponding imagery over the Baltic. This builds confidence that our algorithm, with possible minor adjustments, should be
applicable to the Arctic first year ice. Nevertheless, the possible applicability of the method to the multi-year ice areas must be
studied separately.

Data availability. All data can be obtained by contacting the first author.
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Table 1. Comparison of ice ridge statistical parameters derived from the HEM data with ice chart degrees of ice ridging.

DIR 3 4
Number of cells km?® | 590 | 1079
Ridge sail height [m] | 0.61 | 0.61
Ridge density [1/km] | 12.7 | 21.5

Total thickness [m] 0.76 | 1.08
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Table 2. Confusion matrix for the level ice vs. ridged ice (categories DIR 2 to 4) in the RF classification for the whole test period.

FMHELS Sample size Ice category
Ice cateogory N level | ridged
level 59 % 87 % 13 %
ridged 41 % 24% | 76 %
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Table 3. Confusion matrix for all ridged ice categories in the RF classificationfer-the-test-period.

EME sample-size FIS Sample size RF classes
PIR- N- DIR N 1 2 3 4
3 1 59 % B% | 1% | 4% | 2%
g 2 14 % 2% | 15% | 28% | 15%
§ 3 15 % 2% | 5% | 45% | 18%
a 4 12 % 18% | 3% | 20% | 59 %
EMicn samplesizeDIRN-1 | 234472 % | 94 % | 2% | 4% | 0%
8 2 6 % 8% | 15% | 36% | 0%
5 21 % 35% | 1% | 64% | 0%
<
= 4 1 % 7% | 0% | 21% | 32%
Eonfusion-matrix-for the RE-elassifieation-inFebruary heightFMED | samplesizeDIRN-1 | 234455 % | 92 % | 1% | 5% | 2%
‘g 2 19 % 46 % | 13% | 21% | 20 %
<
E 17 % 20% | 6% | 29% | 44 %
£ 4 9 % 18% | 16% | 16% | 51 %
Confusion-matrixfor-the RE-classifieation-in-Mareh FME samplesizeDIRN-1 | 234459 % | 92 % | 4% | 2% | 2%
S 2 9 % 16% | 32% | 21% | 31%
§ 10 % 4% | 4% | 51% | 1%
= 4 22 % 4% | 2% | 6% | 88%
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Table 4. The importance of different features when the training data covered the whole test period.

feature SIC | Bun | ggu | EDRun | ACuy | Eup | CVun | coy
importance (%) | 13.9 | 119 | 117 | 113 8.1 72| 12 | 69
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Figure Captions

Figure 1. Example of RS-2 dual polarized SAR image mosaic (left: HH, middle HV) over the Baltic Sea on 15" March 2013
and the corresponding DIR chart (right) showing the manually drawn polygons of different degrees of ice ridging, including
the marginal ice zone detection mask based on the ice concentration values between 25 % and 80 % and open-water mask

based on the ice concentration values smaller than 25 %.

Figure 2. Exampte of RS2-SAR-data-from-A 20 km section of combined surface laser profile and EM thickness profile, and
the corresponding ice thickness histogram for the 2011 field campain data. The laser profile resolves all ridge sails while the
EM profile averages thickness over an altitude dependent footprint, typically 50 m.

Figure 3. Example of RS-2 SAR data mosaic in HH and HV polarization and the corresponding DIR chart with values
extracted from the digitized Finnish ice charts, for 9" ef-March 2013 in the upper panel and 12" March in the lower panel. In
both days the SAR shows similar ice situation, albeit the two DIR charts show changes in the ridging classes: in the NW of the
Bay of Bothnia, from slightly ridged ice (DIR 2) to level-ice (DIR 1) and in the central to southern part of the Bay of Bothnia,
from heavily ridged ice (DIR 4) to slightly ridged ice (DIR 2). In this case. the data from 9" March 2013 was removed from

Figure 4. Example of RS2 SAR data from 9™ February 2013 in HH (top left) and HV (top right) polarizations together with
the segmentation result (bottom left) and the lee-Coneentration-ChartSIC chart (bottom right).

Figure 3-5. Example of SAR features computed for central BOBpart of the Bay of Bothnia. a-b) original SAR #-560m-HH
and HV in 500 m resolution; ¢) Segmentation result of the first principal component of the original HH and HV SAR channels;
d) FFS-SIC (1-100%); e) FIS DIR (1-4); f-g) segment means; h) ACy ;1) ACHv; ) Enm; k) Egv; 1) CVgg; m) CVgy; n)
EDgg;0) EDgv;p) Kun; Q) Kpy.

Figure 4—The-impertance-of differen

Figure-5-6. Ridge density variation in the test area (upper panel, left), HEM thickness measurements (upper panel, right),
DIR indices (lower panel, left), ridge-density-histegram-in-histogram of ridge densities determined for one 1x1 NM cell (lower
panel, right).

Figure 6-—The-monthly-HH-7. The monthly HH-polarization backscattering coefficient distribution for level (dashed line)
and ridged (solid line) ice areas. The results are for January (left), February (middle) --and March (right) in-2013.

Figure 7-Fhe-monthly-HV-8. The monthly HV-polarization backscattering coefficient distribution for level (dashed line) and
ridged (solid line) ice areas. The results are for January (left), February (middle) --and March (right) in-2013.

Figure 8-9. The detection rates for the different DIR categories in all the classification.

Figure 9-Degree-of tee Ridging-10. Degree of ice ridging extracted from the digitized Finnish Ice Charts (bottom-on 9"
February 2013 (left) and the result of estimated DIR based on our RF approach (right). The DIR charts includes the marginal
ice zones (25 %<IC<80 %) extracted from the lee-Coneentration-ice concentration charts (see Fig. 4).
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Figure +6-11. Example of RS2 SAR data frem-on 15" efMarch 2013 in HH (top left) and HV (top right) polarizations. Mid-
dle left: MRF MMD Segmentation-segmentation result for the HH-HV first PCA component. Middle right: lee-Coneentration
Chart-ice concentration chart extracted from the Finnish fee-Chartice chart.

1040 Figure H-Degree-of fee Ridging-12. Degree of ice ridging extracted from the digitized Finnish lee-ChartsBottom-right:
ice charts on 15™ March 2013 (left); Result of Estimated DIR based on our RF approach (right). The DIR charts includes the
marginal ice zones (25 %<IC<80 %) extracted from the lee-Coneentration-ice concentration charts (see Fig. 11).
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e heavily ridged ice (DIR=4)
I— ridged ice (DIR=3)
- slightly ridged ice (DIR=2)
- level ice (no def.) (DIR=1)
- marginal ice (25%<IC<80%)
- open water (IC<25%)
- land / no data

RS-2 SAR HH RS-2 SAR HV FIS DIR Chart

Figure 1. Example of RS-2 dual polarized SAR image mosaic (left: HH, middle HV) over the Baltic Sea on 15TNMarch 2013 and the
corresponding DIR chart (right) showing the manually drawn polygons of different degrees of ice ridging, including the marginal ice zone

detection mask based on the ice concentration values between 25 % and 80 % and open-water mask based on the ice concentration values
smaller than 25 %.
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Figure 2. A 20 km section of combined surface laser profile and EM thickness profile, and the corresponding ice thickness histogram for

the 2011 field campain data. The laser profile resolves all ridge sails while the EM profile averages thickness over an altitude dependent

footprint, typically 50 m.
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- heavily ridged ice (DIR=4)
- ridged ice (DIR=3)

RS-2 SAR HH | RS-2 SAR HV ’é,\ FIS DIR Chart

- slightly ridged ice (DIR=2)

%}‘f WQ‘\ - level ice (no def.) (DIR=1)
\"v" o e

oS ¥ - marginal ice (23%<IC<80%)

- open water (IC<25%)

‘* -land / no data

RS-2 SAR HH RS-2 SAR HV

FIS DIR Chart

Figure 3. Example of RS2-RS-2 SAR data mosaic in HH and HV polarization and the corresponding DIR chart with values extracted from
the digitized Finnish ice charts, for 9" February-March 2013 in HH-the upper panel and 12" March in the lower panel. In both days the SAR

shows similar ice situation, albeit the two DIR charts show changes in the ridging classes: in the NW of the Bay of Bothnia, from slightl
ridged ice (topHeftDIR 2) and-HV-to level-ice (top-rightDIR 1) pelarizations-together-with-and in the segmentation-resultcentral to southern

art of the Bay of Bothnia, from heavily ridged ice (bottom-leftDIR 4) and-to slightly ridged ice (DIR 2). In this case, the fee-Concentration
Chartdata from 9" March 2013 was removed from the classification.
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Figure 4. Example of RS2 SAR data from 9" February 2013 in HH (top left) and HV (top right) polarizations together with the segmentation
result (bottom left) and the SIC chart (bottom right).
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Figure 5. Example of SAR features computed for central BOBpart of the Bay of Bothnia. a-b) original SAR HH and HV in 566m-500 m
resolution; c) Segmentation result of the first principal component of the original HH and HV SAR channels; d) FtS-SIC (1-100%); e) FIS
DIR (1-4); f-g) segment means; h) ACr ;1) ACuv;j) Eam;X) Eav;1) CVap; m) CVay;n) EDpm;0) EDav;p) Kaw; q) Kav.
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Figure 6. Ridge density variation in the test area (upper panel, left), HEM thickness measurements (upper panel, right), DIR indices (lower

panel, left), ridge-density-histogram in-of ridge densities determined for one 1x1 NM cell (lower panel, right).
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Figure 7. The monthly HH-HH-polarization backscattering coefficient distribution for level (dashed line) and ridged (solid line) ice areas.
The results are for January (left), February (middle) s-and March (right) ##-2013.

45



05 05 T 05 T T
level ice 0.45 = = 'level ice
ridged ice —ridged ice

[dB] [dB] [dB]

Figure 8. The monthly HV-HV-polarization backscattering coefficient distribution for level (dashed line) and ridged (solid line) ice areas.
The results are for January (left), February (middle) s-and March (right) ##-2013.
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Figure 9. The detection rates for the different DIR categories in all the classification.
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- heavily ridged ice (DIR=4)
- ridged ice (DIR=3)

_ slightly ridged ice (DIR=2) *3
- level ice (no def.) (DIR=1) \f
- marginal ice (25% < IC < 80%) *:
- open water (IC < 25%)
- land / no data

FIS DIR Chart + 4 , EST DIR Chart

Figure 10. Degree of fee Ridging-ice ridging extracted from the digitized Finnish fee-Charts-ice charts on 9™ February 2013 (left) and the
result of estimated DIR based on our RF approach (right). The DIR charts inetades-include the marginal ice zones (25 %<IC<80 %) extracted
from the fee-Coneentration-ice concentration charts (see Fig. 4).
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Figure 11. Example of RS2 SAR data on 15" March 2013 in HH (top left) and HV (top right) polarizations. Middle left: MRF MMD
Segmentation—segmentation result for the HH-HV first PCA component. Middle right: fee-Coneentration-Chart-ice_concentration chart
extracted from the Finnish fee-Chartice chart.
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Figure 12. Degree of fee Ridging-ice ridging extracted from the digitized Finnish fee-Charts-ice charts on 15" March 2013 (left); Result of

Estimated DIR based on our RF approach (right). The DIR charts includes the marginal ice zones (25 %<IC<80 %) extracted from the fee
EConeentration-ice concentration charts (see Fig. 11).

50



